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Annotation

A new solution of Maxwell equations for a vacuum, for wire with

constant and alternating current, for the capacitor, for the sphere, etc. 1s

presented. First it must be noted that the proof of the solution's
uniqueness is based on the Law of energy conservation which is
not observed (for instantaneous values) in the known solution.

The solution offered:

e Complies with the energy conservation law in each moment
of time, i.e. sets constant density of electromagnetic energy
flux;

e Reveals phase shifting between electrical and magnetic
intensities;

e [Explains existence of energy flux along the wire that is equal
to the power consumed.

A detailed proof is given for interested readers.

Experimental proofs of the theory are considered.

Explanation is proposed for the experiments, which have
not yet been explained.

The work offers some technical applications of the
solution obtained.

Please, send your comments and offers to e-mail:
solik@netvision.net.il
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1. Introduction

“To date, whatsoever effect that would request a modification of
Maxwell’s equations escaped detection” [36]. Nevertheless, recently
criticism of validity of Maxwell equations is heard from all sides. Have a
look at the Fig.1 that shows a wave being a known solution of Maxwell’s
equations. The confidence of critics is created first of all by the violation
of the Law of energy conservation. And certainly "#he density of
electromagnetic - energy  flow (the module of Umov-Pointing vector) pulsates
harmonically. Doesn't it violate the Law of energy conservation?" [1]. Certainly, it is
violated, if the electromagnetic wave satisfies the known solution of
Maxwell equations. But there is no other solution: "The proof of solution's
uniqueness in general is as follows. If there are two different solutions, then their
difference due to the system's linearity, will also be a solution, but for zero charges and
currents and for Zero initial conditions. Hence, using the expression for electromagnetic
feld energy we must conclude that the difference between solutions is equal to Zero,
which means that the solutions are identical. Thus the uniqueness of Maxwell
equations solution is proved”  |2]. So, the uniqueness of solution is being
proved on the base of using the law which is violated in this solution.

Another result following from the existing solution of Maxwell
equations is phase synchronism of electrical and magnetic components of
intensities in an electromagnetic wave. This is contrary to the idea of
constant transformation of electrical and magnetic components of energy
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Chapter 0. Preface

in an electromagnetic wave. In [1[, for example, this fact is called "one of
the vices of the classical electrodynamics".

Puc. 1.

Such results following from the known solution of Maxwell
equations allow doubting the authenticity of Maxwell equations.
However, we must stress that these results follow only from the found
solution. But this solution, as has been stated above, can be different (in
their partial derivatives, equations generally have several solutions).

For convenience of the reader Annex 4 states the method of
obtaining of a known solution. Further we shall deduct another solution
of Maxwell equation, in which the density of electromagnetic energy flow
remains constant in time, and electrical and magnetic components of
intensities in the electromagnetic wave are shifted in in phase.

In addition, consider an electromagnetic wave in wire. With an
assumed negligibly low voltage, Maxwell’s equations for this wave literally
coincide with those for the wave in vacuum. Yet, electrical engineering
eludes any known solution and employs the one that connects an
intensity of the circular magnetic field with the current in the wire (for
brevity, it will be referred to as “electrical engineering solution”). This
solution, too, satisfies the Maxwell’s equations. However, firstly, it is one
more solution of those equations (which invalidates the theorem of the
only solution known). Secondly, and the most important, electrical
engineering solution does not explain the famous experimental fact.

The case in point is skin-effect. Solution to explain skin-effect
should contain a non-linear radius-to-displacement current (flowing
along the wire) dependence. According to Maxwell’s equations, such
dependence should fit with radial and circular electrical and magnetic
intensities that have non-linear dependence from the radius. Electrical
engineering solution offers none of these. Explanation of skin-effect

5
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bases on the Maxwell’s equations, yet it does not follow from electrical
engineering solution. It allows the statement that electrical engineering
solution does not explain the famous experimental fact.

At last, the existing solution denies the existence of so called
twisted light [65].

2. On Energy Flux in Wire

Now, refer to energy flux in wire. The existing idea of energy
transfer through the wires is that the energy in a certain way is spreading
outside the wire [13]: "... 50 our “cragy’ theory says that the electrons are getting
their energy to generate heat becanse of the energy flowing into the wire from the field
outside. Intuition woula seem to tell us that the electrons get their energy from being
pushea along the wire, so the energy shoula be flowing down (or up) along the wire. But
the theory says that the electrons are really being pushea by an electric field, which has
come from some charges very far away, ana that the electrons get their energy for
generating heat from these fields. The energy somehow flows from the distant charges
into a wide area 0] space ana then inwara to the wire."

Such theory contradicts the Law of energy conservation. Indeed,
the energy flow, travelling in the space must lose some part of the energy.
But this fact was found neither experimentally, nor theoretically. But,
most important, this theory contradicts the following experiment. Let us
assume that through the central wire of coaxial cable runs constant
current. This wire is isolated from the external energy flow. Then whence
the energy flow compensating the heat losses in the wire comes? With
the exception of loss in wire, the flux should penetrate into a load, e.g.
winding of electrical motors covered with steel shrouds of the stator.
This matter is omitted in the discussions of the existing theory.

So, the existing theory claims that the incoming (perpendicularly to
the wire) electromagnetic flow permits the current to overcome the
resistance to movement and performs work that turns into heat. This
known conclusion veils the natural question: how can the current attract
the flow, if the current appears due to the flow? It is natural to assume
that the flow creates a certain emf which "moves the current". Meanwhile,
energy flux of the electromagnetic wave exists in the wave itself and does
not use space exterior towards the wave.

Solution of Maxwell’s equations should model a structure of the
electromagnetic wave with electromagnetic flux energy presenting in it.

The intuition Feynman speaks of has been well founded. The
author proves it further while restricted himself to Maxwell’s equations.
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3. Requirements for Consistent Solution of

Maxwell’s Equations
Thus, the solution of Maxwell’s equations must:

e describe wave in vacuum and wave in wire;

e comply with the energy conservation law in each moment of time,
L.e. set constant density of electromagnetic energy flux;

e reveal phase shifting between electrical and magnetic intensities;

e explain existence of energy flux along the wire that is equal to
power consumed.
What follows is an appropriate derivation of Maxwell’s equations.

4. Variants of Maxwell’s Equations
Further, we separate different special cases (alternatives) of
Maxwell’s equations system numbered for convenience of presentation.

Variant 1.
Maxwell's equations in the general case in the GHS system are of
the form [3]:
pOH _

rot(E)+ PR @

rot(H)—fa—E—4—ﬂ1=0, @
co ¢

div(E)=0, €

div(H)=0, )

I =oF, ©)

where
I, H, E -conduction current, magnetic and electric intensities

respectively,
&, u, o - dielectric constant, magnetic permeability, conductivity

wire of medium.

Variant 2.
For the vacuum must be taken £=1, =1, o0 =0. When the

system of equations (1-5) takes the form:

rot(E )+ 100 _y, ©)
c Ot
1 6E
rot(H )—-——=0, 7
( T (7)
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div(E)=0, ®)
div(H)=0. )
The solution to this system is offered in the Chapter 1.
Variant 3.
Consider the case 1 in the complex presentation:
rot(E)+ia)£H=0, (10)
c
rot(H)—ia)ﬁE—4—ﬂ(real(1)+i-imag(l))= 0, (11)
c c
div(E)=0, (12)
div(H)=0, (13)
real(l )= o - abs(E). (14)

It should be noted that instead of showing the whole current, (14)
shows only its real component, i.e. conductivity current. Imaginary
component formed by a displacement current does not depend on
electrical charges.

The solution to this system is offered in the Chapter 4.

Variant 4.
For the wire with sinusoidal current 1 flowing out of an external
source, real(/) may at times be excluded from equations (11-14). Tt is

possible for a low-resistance wire and for a dielectric wire (for more
details, refer to Chapter 2). As this takes place, the system (11-14) takes
the form of

U OH
E)++——=0, 15
rot( )+ o (15)
rot(H)—fa—E—4—”1=0, (16)
co ¢
div(E)=0, (17)
div(H)=0. (18)

It is significant that current [ is not a conductivity current even
when it flows along the conductor.
The solution for this system will be considered in the Chapter 2.

Variant 5.
For a constant current wire, system in alternative 1 simplifies due
to lack of time derivative and takes the form of:
rot(E)=0, @1)
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rot(H )— R , (22)
C

div(E)=0, (24)

div(#)=0, (25)

I=oE (26)

or
Variant 6.

rot(7)=0, 27)

rot(H )— 47—, (28)
C

div(r)=0, (29)

div(H)=0. (30)

The solution for this system will be considered in the Chapter 3.

We will be searching a monochromatic solution of the systems
mentioned. A transition to polychromatic solution can be accomplished
via Fourier transformation.

We will employ cylindrical system of coordinates r, ¢, z - see

Appendix 1. Obviously, if solution exists in the cylindrical system of
coordinates, it exists in any other system of coordinates, too.

Apppendix 1. Cylindrical Coordinates
As it is known to [4], in cylindrical coordinates scalar divergence of
H vector, vector gradient of scalar function a(x, y,Z), vector rotor of H

vector, accordingly, take the form of

div(H )= Hy  OH, +L8H(p MCiEn) @)
r or r Op 0z

aa 1 8a aa
grad, (a)—ga grad¢(a)—;'%, grad, (a)_g, (b)

1 0H, ©OH

I'Ot,,(H)— (;8—(02_ 6;0 j, (©
OH, OH

rot, (H )=( 8zr - érz j, )
H oH

rotZ(H):( r¢+ argﬁ—’lﬂ'ag;} ©
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Apppendix 2. Spherical Coordinates
Fig. 1 shows a system of sphetical coordinates p,8,, and Table 1

contains expressions for rotor and divergence of vector E in these
coordinates [4].

< == \‘\
e/r
§ Y'
X
Fig. 1.
Table 1.
1| 2 3
1| rot,(E)| E,  OE, OE,
+ - .
pg0) po6  psin(@Pe
2| rot,(E) 0E, E, OE,
psin(@Pe  p  op
3| o, () | E, , OE, OF,
p__Op  pop
4| div(e) | E, LB, E,  OE, .6E¢
p dp pg@) pod  psin(@Pe

10
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Apppendix 3. Some Correlations Between GHS and

SI Systems

Further, formulas appear in GHS system, yet, for illustration, some
examples are shown in SI system. This is why, for reader’s convenience,
Table 1 contains correlations between some measurement units of these
systems.

Table 1.
Name GHS SI
electric current 1 GHS 333-1010 A
voltage 1 GHS 3:-10°V
power, energy flux density 1 GHS 107 Wt
energy flux density per unit 1 GHS 10° Wt/m
length of wire
electric current density 1 GHS 3.33:10° A/m?
3.33-102 A/mm?
electric field intensity 1 GHS 3-10*V/m
magnetic field intensity 1 GHS 80 A/m
magnetic induction 1 GHS 104T
absolute dielectric permittivity 1 GHS 8.85:102 F/m
absolute magnetic permeability 1 GHS 1.26:10® H/m
capacitance 1 GHS 1.1-102F
inductance 1 GHS 10° H
electrical resistance 1 GHS 9-10'"' Om
electrical conductivity 1 GHS 1.1-10'2 sm
specific electrical resistance 1 GHS 9:10° Om'm
specific electrical conductivity 1 GHS 1.1-10'" sm/m

Apppendix 4. Known solution of Maxwell's
equations for electromagnetic fields in

vacuum
Let us consider a system of Maxwell’s equations for vacuum stated
before in Section 4:
1 0H
rot(£)=—-———, 1
E)=--— 1)
rot(t)=LE | @
c ot

11
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div(E)=0, €)
div(H)=0. @)
Taking a curl from each part of the equation (1), we obtain:
rot(rot(E )= rot(— 1 a—H) 5)
c ot
or
1 0
rot(rot(E ))z R (rot(H )) (6)
c
Having combined equations (2, 6), we find out that
2
rot(rot(E))z —C%%(E) (6a)
It is stated [4, p.131] that
rot(rot(E )): grad(div(E))- AE . (7)

where orthogonal coordinates show that
0’E O0°E O0’E
+ + :
ox* oy o0z’
From (3, 7) we find that
rot(rot(E))=—AE . )
Having combined equations (6a, 8, 9), we find out that
1 0°E B O°E N 0°E O°E
o ax? oy* oz’ '
This equation has a complex solution in orthogonal coordinates of the
following kind:

E(l‘,x, Vs Z) — ‘E‘epe(kxx+kyJ/+kzz—a)t+(Po )’ a1y

which can be verified by direct substitutions. For this purpose, the first
and second derivatives of (10) are pre-calculated. Constants

(£

(which will be not discussed here).

The obtained solution is complex. It is known that an actual part
of a complex solution is also a solution. Consequently, the following kind
of solution can be taken instead (11):

E(t,x,y,2)= |E|ep cos(kxx thky+kz—ot+g, ) (12)

AE =

®)

(10)

, €, k., k, k., @, @, Jhave a certain physical significance

Similarly we obtain a solution of the following kind:
H(t,x,y,z) =|H|h, cos@xx +ky+k.z—awt+p, ) (13)
It should be stated that energy is calculated as an integral

12
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W:j(iz_,_'u[_lz jdt :lJ. g([E|ep cos(...a)t)) +
i\ 2 2 24 ,u([E|ep cos(...a)t)y

= %qukP) +/1{E|€p})@052(...a)t))h = , (14

4

= %Q([Ek}j + y([E|ep 71) sin(...2at)

@

From (12, 13, 14) it can be clearly stated that:
1. the energy transforms in time, which contradicts the low of

energy consetrvation
2. vorticities E and H are cophased, which contradicts electrical

engineering.

13
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1. Introduction

In Chapter "Introduction" inconsistency of well-known solution of
Maxwell's equations was demonstrated. A new solution Maxwell's
equations for vacuum is proposed below [5].

2. Solution of Maxwell's Equations
First we shall consider the solution of Maxwell equation for vacuum,
which is shown in Chapter "Introduction" as variant 1, and takes the
following form
rot(E)+la—H=0,
c ot

rot(H —15—E=0,
c ot

div(E)=0,
div(H )=0.
In cylindrical coordinates system 7, ¢, z these equations look as

follows:

L —L 44— —2+—2=0, o)

1oB % 4 ©)

14



Chapter 1. The Second Solution of Maxwell's Equations for vacuum

CE. OF
ro_ Z - M s 3
0z or v ©
E OCOE
Po T 1Oy @
r or r 0@
OH
H’+8H’+l- ”’+6H2=0, ©)
r or r Op Oz
OH
l.ai__‘/’:‘]” )
r O0p Oz
OH, OH
L-—==J_, 7
0z  or ’ @
H, oH
_‘/’+_‘/’_l.%zjz’ (8)
r or r Op
J= la_E, )
c ot
M = _laﬁ ) (10)
c Ot
For the sake of brevity further we shall use the following notations:
co=cos(ap+ yz+wt), (11)
si =sin(ap+ yz + wt), (12)

where @, y, @ — are certain constants. Let us present the unknown

functions in the following form:

J,.=j.(r)o, (13)
J .= Jj,(r)si, (14)
J.=j.(rsi, 15)
H,.=h(r)o, (16)
H,.=h,(r)si, 17)
H_.=h,(r)si, (18)
E.=e(rki, (19)
E, =e,(r)co, (20)
E .=e_ (r)co, 1)
M,.=m (r)o, (212)
M,.=m,(r)si, (22)
M, .=m_(r)si, (23)

where j(r), h(r), e(r), m(r)- certain function of the coordinate r.

15



Chapter 1. The Second Solution of Maxwell's Equations for vacuum

By direct substitution we can verify that the functions (13-23)
transform the equations system (1-10) with three arguments r, @, z

into equations system with one argument r and unknown functions
J(), h(r), e(r), m(r).
In Appendix 1 it is shown that for such a system there exists a

solution of the following form (in Appendix 1 see (24, 27, 18, 31, 33, 34,
32) respectively):

h (r)=0,e.(r)=0. (24)
4

¢, =¢,=r (-a) (25)

h,(r)=e,(r). (20)

h(r)=—e,(r), 27)

¥y =0fc. (28)

where A,c,a, y,® — constants.

Thus we have got a monochromatic solution of the equation
system (1-10). A transition to polychromatic solution can be achieved
with the aid of Fourier transform.

If it exists in cylindrical coordinate system, then it exists in any
other coordinate system. It means that we have got a common solution
of Maxwell equations in vacuum.

3. Intensities
We consider (2.25):
e, =e,=054-r"", O
where (4\2) - the amplitude of the intensities. From (1) it follows that
(€ +e)=a-r2t. ©)
Fig. 1 shows, for example, the graphics functions (1, 2) for
A=-1, «=0.38.
Fig. 2 shows the vectors of intensities originating from the point
A(r, (p). Let us remind that £,(r) =e, () and A, (r)= —e,(r) - see (2.26,
2.27). The directions of vectors e, (r) and e,(r) are chosen as:e, (r)> 0,

ew(r) < 0. Note that the vectors E, H are always orthogonal. The

sum of the modules of these vectors is determined from (2.17, 2.18, 2.20,
2.21,2.26, 2.27) and is equal to

W=E*+H"= (er (r)yi)z + Qe(p(r)yi)Z + (hr (r)‘o)2 + (h(ﬂ (}’}’0)2

or

16



Chapter 1. The Second Solution of Maxwell's Equations for vacuum

W =) +,0) ©
- see also Fig. 1. From (3, 3.2) we find:
W(r) =420, (3a)
Thus, electromagnetic wave energy density is constant in time and equal
in all points of the cylinder of given radius.
Let be R — radius of the circular front of wave. Then the energy of
the electromagnetic wave, per unit wavelength,

R (2a-1)
W:Aj(rz(““) poa (3b)
r=0 (20( - 1)
-0.25
0.3
B
~ 035
5 o4 /7
-0.45 ‘/
1/

-0.05 :
-0.1 i :

o

5 -0.15 ~

< /

2 4 6 8 10 12 14 16 18 20
Fig.1. SecondSolMax.m

e
09
w
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Chapter 1. The Second Solution of Maxwell's Equations for vacuum

The solution exists also for changed signs of the functions (2.11,
2.21). This case is shown on Fig 3. Fig. 2 and Fig. 3 illustrate the fact that
there are two possible type of electromagnetic wave circular
polarization.

In order to demonstrate phase shift between the wave components
let's consider the functions (2.11, 2.12) and (2.16-2.21). It can be seen,

that at each point with coordinates r, ¢, z intensities H, £ are

shifted in phase by a quarter-petiod.
Let's consider the functions (2.11, 2.12) and (2.28). Then, we can

find
0] . @
co=cos(ap+—z+awt), si=sin(ap+—z+wt). )
c c

Let's consider a point moving along a cylinder of constant radius r,
where the value of intensity depends on time as follows:
Let's consider a point moving along a cylinder of constant radius
7, at which the value of intensity depends on time as follows:
H,.=h(r)cos(ewt) )
Comparing this equation with (2.16) and taking (4) into account, we can
notice that equation (5) is the same as (2.10), if at any moment of time

a¢)+2220 (©)
c
or
w
a-c

Thus, at the cylinder of constant radius » a path of this point exists,
which is described by equations (4, 7, 2.28), where all the intensities vary
harmonically. On the other hand, this path is a helix. Thus, the line, along
which the point moves in such a way, that its intensity /,. varies in a
sinusoidal manner, is a helix. The same conclusion can be repeated for
other intensities (2.17-2.21). Thus,

the path of the point, which moves along a cylinder of given radius

in such a manner, that each intensity varies harmonically with time,

is described by a helix.

@A)

For example, Fig. 4 shows a helix, for which
r=1, ¢=300000, ®=3000, a=-3, p=[0+27] Fig. 4a shows

helices in the same conditions, but for different radii, where

18



Chapter 1. The Second Solution of Maxwell's Equations for vacuum

r= k).S, 0.6, ...1.0, l.lj. Straight lines indicate the geometric loci of
points with equal ¢.

) 27
Fig. 4a. 2 (TokPotok33.m)

The last means (A) that at point I, moving along this helix the
vectors of intensities (2.16-2.21) can be written as follows:

H,.=h (r)cos(wt), H,.=h,(r) sin(wt), H..=h_(r)sin(et),
E,.=e (r)sin(or), E,=e,(r) cos(r), E,.=e (r)cos(at).
It was shown above (see 2.24-2.27), that
h.(r)=0,e.(r)=0,e(r)=e,(r)=e,(r), h,(r)= ew(r), h, (r)= —e,,(r).

19



Chapter 1. The Second Solution of Maxwell's Equations for vacuum

Therefore, at each point there are only vectors

H. .= —ew(r)cos(a)t), H, = ew(r)sin(a)t),

E.=e, (r sin(at),

E,=e,,(r) cos(a)t).
In this case resultant vectors H ,=H,+H, and E_=E +E  lay in
= ew(r) and |E, | = ew(r). Fig. 4b

shows all these vectors. It can be seen, that when the point I moves
along the helix, resultant vectors H , and E rotate in plane r, .

re

plane r, @, and their moduli are ‘H

Their moduli are constant and equal one to the other. These vectors H,,

and E,, are always orthogonal.

’ “‘Erf

Fig, 4b.

So, harmonic wave is propagating along the helix, and in this
case at each point 7', which moves along this helix, vectors of magnetic
and electric intensities:

° exist only in the plane which is perpendicular to the helix axis,
L.e. there only two projections of these vectors exist,

e  vary in a sinusoidal manner,

e  are shifted in phase by a quarter-period.
Resultant vectors:

e  rotate in these plane,
° have constant moduli,
° are orthogonal to each other.

20



Chapter 1. The Second Solution of Maxwell's Equations for vacuum

4. Energy Flows
The density of electromagnetic flow is Pointing vector
S=nExH |, 1)
where
n=clar. 2)
In the SI system 77 =1 and the last formula (1) takes the form:
S=ExH, 3)

In cylindrical coordinates 7, ¢, z the density flow of

electromagnetic enetgy has three components S,, S,, S_, directed along

BAOAB the axis accordingly. They are determined by the formula

S E,H -EH,
S= S(p =77(EXH)=77 EzHr_Eer : (4)
S, EH,-E,H,

From (2.12-2.17, 3.4) follows that the flow passing through a given

section of the wave in a given moment, is:

S_,. s, - Si’
S= S_(p :UH S, si-co|dr-dg. (5)
S "ls. -si-co

where
s, = (egahz —e.h,
S(p = (ezhr - erhz)' (6)
s, = (e,h(p —e,h,
In Appendix 1 it is shows that h_(7) =0, e_(r) =0. Consequently,
s, =0, 5,=0, ie. the energy flow extends only along the axis 0z and is

equal to

§=S_Z=77”[sz~si-coﬁr-d(p. @)
re

Lack of radial energy flux indicates that area of wave existence is
NOT growing. Existence of laser provides evidence of this fact.
We'll find s, . From (2.26, 2.27), we obtain:

_ 2
eh,=e,

®)

e,h, =—e,. )

21



Chapter 1. The Second Solution of Maxwell's Equations for vacuum

From (7, 8, 9), we obtain:

5. = +e; ) (10)
In this way,

§=77”[(ef+ei)si-co]z’r-dgo 11
or, taking into acc;ﬁnt (3.2),
§:nJ‘J.I;él-rz(“_l)-si-co]ir-dq), (11a)
r.e

Hence, as shown in Appendix 2, it follows that

5= (- cos(4a7r))J‘ QZ(“))ir , 12)

16ar

Consequently, the energy flux of the electromagnetic wave is
constant in time.
Let R be the radius of the circular front of the wave. Then

R Qa-1)
_ [(2en),._ R
Sine = ;L(rz D Yir = Ga-1) (13)
S = 1 (1-cos(4ar)), (14)
a
— A
S = 1(:6—7[Sa,quim ) (15)

Fig. 5 shows the function S§,,(@)(13) and Fig. 6 shows the

function S, (&) . On Fig. 6 the upper and lower cutves refer accordingly

to R=200 and R =100. From the formula (15), Fig. 5 and Fig. 6 that
the power flow 1is positive, for example, at A=-1, o =0.8.
A=-1, a=038.

Since the energy flow and the energy are related by the expression

S =W -c, then from (15) we can find the energy of a wavelength unit:

— 4
W= Ton S Sint (15a)

In Appendix 2 also shows that the energy flux density on the circle
is determined by function of the form

Sy =A-r sinQag + 4axz/c). (15b)
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Chapter 1. The Second Solution of Maxwell's Equations for vacuum

Salfa(alfa)
o

200,

0 0.2 0.4 0.6 0.8 1
Fig.5. SecondSolMax.m

150]

=]
S

Sint(alfa)

o
=]

./

-50

0.2

0 0.2 04 0.6 0.8 1
Fig.6. SecondSolMax.m

Fig.7. SecondSolMax.m

In Fig. 7 shows these functions, when 4=1, a=0.8, r=1, and

the second term has two values: 0; 0.5 - see the solid and dashed lines,

respectively.
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Chapter 1. The Second Solution of Maxwell's Equations for vacuum

It follows that
e flux density is unevenly distributed over the flow cross section —
there is a picture of the distribution of flow density by the cross
section of the wave

e this picture is rotated while moving on the axis 0z;

e the flow of energy (15), passing through the cross-sectional area, not
depend on ¢, @, z; the main thing is that the value does not change

with time, and this complies with the [.aw of energy conservation.

5. About parameter &
The energy flux density in a wave with a radius R is determined
from (12):
S cA
s = TR> :1671_—2RzSalﬁ1Sim' (10)
Above we found the energy of a unit of wavelength - see (4.3b).
Comparing it with (13), we find the energy density:

W= ASi 17
aR*

Umov's concept [81] is generally accepted, according to which the
energy flux density § is a product of the energy density w and the speed

of energy movement v,:

S=w-v,. (18)
From (16-18) we obtain:
v :i:LSalfa. (19)

© w lér
The speed of motion of electromagnetic energy should be equal to
the speed of propagation of the electromagnetic wave. Consequently, the
condition
c

— S, =c. 20
167'[' alfa ( )
or, taking into account (14),
! 5 (1-cos(dar))=1, 1)
lora

Therefore, the parameter must satisfy the condition (see also the
Glaval.m program)
a=0.1811. (22)
Under this condition, the energy flux and energy are related by the
relation S =W -c.
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Chapter 1. The Second Solution of Maxwell's Equations for vacuum

6. Momentum and moment of momentum

It is known that the flow of energy is associated with other
characteristics of the wave dependency of the following form [21, 25, 63]
(in the SI system):

=W, o)
S=W-c, )
p=W/c, p=S/cz, 3)
f:p'caf:S/c’ (4)
m=p-r, ©)

where
2

W - energy density (scalar), kg m™-s72
S - energy flux density (vector), kg-s ™3,
p - pulse density (vector), kg'm™2-s™!

b

f - pulse flux density (vector), kg'm™-s72
m - density momentum at this point about an axis spaced from
the given point by a distance 7 (vector), kg's™2

V' - volume of the electromagnetic field (scalar), m?.

b

It follows from the above that in the electromagnetic wave there
exist energy flows, which directed along a radius, along a circle, along a
axis. Consequently, in the electromagnetic wave there exist pulses, which
directed along a radius, along a circle, along a axis. Also there exist
momentum, which directed along a radius, along a circle, along a axis.

Let's consider the angular momentum about the axis z . According
to (3) we can find this momentum as follows:

L=pr=Srle. ©

This is orbital angular momentum, which can be detected in so called
twisted light. Further on, we bring you a reduced quotation from [64].
The fact that the light wave carries not only energy and momentum, but also angular
momentum was known a century ago. At first, of course, angular momentum was
associated only with polarization of light. ... But time went by. Lasers were created,
scientists had learnt to control the light emitted by lasers, and a theory describing its
electromagnetic field was developing. And at a certain time it was realized that these
two properties — direction of the light beam and its twisted characteristic — do not
contradict to each other. ... Certain methods of generation and detection of the twisted
light were proposed. Three years after ... practical researchers confirmed that a specially
prepared mode of the laser beam, which have also been known before, is actually
occurred to be the twisted light. ... After that, like an avalanche, researches rushed to
investigate the phenomenon of the twisted light. ... Along with fundamental
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researching, various practical applications of the twisted light started to be
developed..."

Fig. 7a.

However, it should be noted that existence of the twisted light
does not follow from the existing solution of Maxwell's equations. But it
naturally follows from the proposed solution — see (6). In Fig. 7a (taken
trom [64]) "the picture with the twisted light doesn't show the electric field, but the
wavefront (the middle picture shows non-twisted light, and the upper and
lower ones — the light twisted to one or another side). I7 is not flat; in this
case the wave phase changes not only along the beam, but also with shifting in cross-
sectional plane. .. As the energy flow of the light wave is usually directed perpendicular
to the wavefront, it occurs, that in the twisted light energy and momentum not only fly
abead, but also spin around the axis of movement."” This particular fact was
confirmed above — see Fig. 3.4a for comparison.

7. Discussion

The Fig. 8 shows the intensities in Cartesian coordinates. The
resulting solution describes a wave. The main distinctions from the
known solution are as follows:
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Chapter 1. The Second Solution of Maxwell's Equations for vacuum

&

10.

11.

Instantaneous (and not average by certain period) energy flow
does not change with time, which complies with the Law of
energy conservation.

The energy flow has a positive value

The energy flow extends along the wave.

Magnetic and electrical intensities on one of the coordinate
axes r, (¢, z phase-shifted by a quarter of period.

The solution for magnetic and electrical intensities is a real
value.

The solution exists at constant speed of wave propagation.
The existence region of the wave does not expand, as
evidenced by the existence of laser.

The vectors of electrical and magnetic intensities are

orthogonal.
There are two possible types of electromagnetic wave circular

polarization.

The wave and its energy are determined if the parameters

A, o, R, aare specified. For given R, S the parameter o

can be found.

The path of the point, which moves along a cylinder of given
radius in such a manner, that each intensity value varies
harmonically with time, is a helix.
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Chapter 1. The Second Solution of Maxwell's Equations for vacuum

Appendix 1

Let us consider the solution of equations (2.1-2.10) in the form of
(2.13-2.23). Further the derivatives of r will be designated by strokes. We
write the equations (2.1-2.10) in view of (2.11, 2.12) in the form

M+e;(r) ( )a y-e.(r)=0, M
r
—5@vm+%vv=m&) @
.
e,y —e.(r)y=m,(r), 3
()+ L(r) - G) a=m.(r), @
ho)h()+ a+y-h(r)=0, )
;mvm—mvw=z&) ©)
—h, () —h.(r) = j, (1), @)
()+h(H-Q)a—LMPQ )
.]r:?er’ sz_?e(p’ .]z:_?ez’ (9)
mrzgh,, m,p:—%hq,, mzz—ghz, (10)

We consider travelling wave in vacuum. In this case e (r) =0, as
there is no external energy source.

Along with that, according to (9) we obtain j_(¥)=0. Then, the
initial system (1, 5-8) will be as follows:

er(V)+e;(r)_Lma=0, an
h(r) h()+ 0!+}( h(r)=0, (18)
7@@m—@vm=L@) 1
—h@k—ﬁ@ﬁ#ﬂﬂ )

()Jrh()+ (’”) o =0, 1)

Substituting (9) in (17), we get‘
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Chapter 1. The Second Solution of Maxwell's Equations for vacuum

jr(r) ( )+](/7( ) 0’ (22)
r

Substituting (19, 20) in (22), we get:

(P =y ()7 4 B~ K ) 7+ O~ () =0
r r r r

or
1 1 ,
b (e by ()2 = B ()7 = h ()T =0 @)

In this case, for calculation of three intensities we obtain three equations
(19, 21, 23). Then, we exclude h; (r) from (21, 23):

—12 h,(Na _L h,(r)y + [Lh(p(r) + h,(r)—a);(—hr(r)ﬂ -
r r r r r
ot _2_1 ‘h,(ra=0 or h(r)=0. Thus, in a e (r)=0 condition
.

h.(r)=0 to be respected. This implies

Lemma 1. The equation system (1, 5-9) for e_(r) # 0 is compatible
onlyif h_(r)=0.

If e(r)=0 and h (r)=0, then equations (1, 5-9) will be as

follows — equations (1, 5, 8) can be simplified, and equations (6, 7) taking
(9) into account, can be substituted for the following equations (1.3, 1.4):

_e, ") 4ol (r)— —ew(r) a=0, (L1)

h (r) + 1 (r )+ (1.2)
%h(,,(r) =e, (r) 43
w

——Zhr(r)=e (), (14)

h() h()+h(r) =0. (1.5)
r

In a similar way we can prove
Lemma 2. If e, (7) =0, system of equations (1-5, 10) has a solution
only in that case, when & () =0.

In this case, similar to equations (24, 28), we can obtain equations

GGG @.1)
r r
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Chapter 1. The Second Solution of Maxwell's Equations for vacuum

e,(r)y = —%hr ()

er(r)z=%hw(r),
L(r)+e' (r)—e’—(r)-a =0,

4

h(r) h()+

From Lernrnas 1and 2 follows

Lemma 3. System of equations (1-10) has a solution only if

h(r)=0, e (r)=0.

2.2)

2.3)

(2.4

2.5)

3.1)

Therefore, initial system of equations (1-10) can be written in the
form of equations shown in lemmas 1 and 2. We combined them for
readers' convenience.

[AG] &0 0.
r r

+el(r) -
ez =="h()

e, ) ="h, (1),
e"#(r)w’ (r)—e’—(r)-a =0,
h@)h<>+
hAﬂz=;%@)

b () =Ze, ),

()+h()+ () a=0.
r

We multiply equations (26, 29). Then we get:

or

- O = 2] ¢ 00

1 =0c.

Substituting (32) in (26, 29), we get:

h,(r)=e, ().

(24)

(25

(20)

(27)

(28)

(29)

(30)

@D

(32)

(33)

30



Chapter 1. The Second Solution of Maxwell's Equations for vacuum

Thus, with condition (32) equation (26, 29) are equivalent to a

single equation (33). A similar equation follows from (25, 30):
h()=—e,(r), 64

Thus, system (24-31) is equivalent to system (24, 27, 28, 31-34).

Below we find a solution for equations (24, 27).

First we shall consider the equation

ay/x+y'=0, @

The solutions of this equations is as:

y=x"or y=0. (®)
( +
(er+e¢)+(er—e¢)(1—a)=0, (35)
r
We subtract the equation (27) from (24):
(er_e¢)+m(1+a):o, (36)
r
In accordance with (a, B) from (35) we find:
(er +e, ): Ar~ " yan (e,, +e, ): 0. 37
In accordance with (a, B) from (36) we find:
(er —e, ): Cr~ ) pan (er -e, ): 0. (38)

Adding or subtracting the equation (38) from (37) we find the 4
solutions:

A ()

¢ =€, =1 , (39)
C —(l+a

e, =¢, =", (40)

e, (r)z % (Arf(l’”’) + Crf(”“))
(41)

e, ()= (ar - )

e.=e,=0. (42)
Hereinafter we will consider solution (39). Thus, initial system of
equations (1-10) has a solution in the following form:

h.(r)=0,e(r)=0, 3.1)
y=0lc, (32)
e, =e,= 0.5A7 - (39)
h,(r)=e,(r). 33)
h(r)= —e,(r). 34
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Appendix 2
In (4.11a) it is shown that the energy flow passing through the
wave cross-section, is

§:77'[.[[,4-r2("‘*1)-si-00]1r-d¢. (1)
e

Let the speed of wave propagation is constant and equal to C. Then,

z=ct. @
Then from (2, 2.11, 2.12, 2.28), we obtain:

co=cos(ap+ yz+wt) = cos(ago + (Za)/c)z) ?3)
and similarly,

si = sin(ap + Qw/c)k). )

Due to (3, 4), we can rewrite (1) as:
S = %77” L4 X sin(ag + (2a)/c)z))]w’rdgo . )
re

Thus, the energy flux density on the circle defined by function of the
form

S.=A- rz(“"l)sin(Za(o +4az/c). (52)
When z=0 on the axis 0z have:
< 1 2(a-1).:
S = 577” L‘l T sm(2ag0)]7m’¢ . (6)
r.e

Further, from (6) we find:

S = g:[[A . rz(“_l)[j sin(2a(p}1(0Jer. @)

4

We have:
2r

J.sin(2a(p)fl(p = J.sin(2a(py(p :2L (1 - cos(dra)). ®)

¢ 0 @
From (7, 8), we obtain:

g1 (a-1)

S —E(l—cos@mz))'!-(fl-rz 1a’r]. ©)
Substituting here (3.2), we finally obtain:

S = @ (1 — COS(40”[));[ (A . rz(“_l)dr). (10)

Obviously, for any choice of the point z = 0 on the axis OZ last
relation is maintained.
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Chapter 2. Solution of Maxwell's
Equations for Electromagnetic Wave in the
Dielectric Circuit of Alternating Current
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1. Introduction

An electromagnetic field in vacuum is considered in chapter 1. The
evident solution obtained there is extended to a non-conducting
dielectric medium with certain dielectric and magnetic permeability & and
u, respectively. Therefore, the electromagnetic field does also exist in a
capacitor as well. However, a considerable difference of the capacitor is
that its field has a non-zero electrical intensity along on of the
coordinates induced by an external source. The electromagnetic field in
vacuum was examined on the basis of an assumption that an external
source was absent.

The same can be said about an alternating current dielectric circuit.
The system of Maxwell equations is applied to such a circuit. It is shown
that an electromagnetic wave is also formed in this circuit. An important
difference between this wave and the wave in vacuum is that the former
has a longitudinal electrical intensity induced by an external power
source.

Below are considered the Maxwell equations of the following form
written in the GHS system (as in chapter 1, but with € and y which are
not equal to 1):

rot(E)+ 49 _ g, M
c Ot
& OF
rot(H )—-——=0, 2
( — )
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Chapter 2. Solution for Electromagnetic Wave in the Dielectric Circuit of Alternating Current
div(E)=0, 3)
div(H)=0, @)

where H, E are the magnetic intensity and the electrical intensity,

respectively.

2. Maxwell Equations Solution
Let us consider solution to the Maxwell equations (1.1-1.4) [37]. In
the cylindrical coordinate system r, @, z, these equations take the

form:
OE
E,+8E,.+l. ;,,+8EZ:O’ 0
r or r Op Oz
OE
1 0E, 4,:vdHr’ o
r op 0Oz dt
OE. OE. dH ,
- =V ) ©)
oz oOr dt
E, 0E, 1 0E  dH.
—+ - =V ) Q)
r or r op dt
oH
H, OH, +l‘ » OH, _o. )
r or r Op 0z
1 0H, OH dE
. z 14 — q r (6)
r op oz dt
OH, OH. dE,
- =q ) )
0z or dt
H, O0H, 1 0H, dE
— 4 — . r — (8)
r or r Op dt
where
V= —lL[/C 5 (9)
q=¢fc, (10)

E., E, E, arc the electrical intensity components,
H, H, H, ate the magnetic intensity components.

A solution should be found for non-zero intensity component £ .

To write the equations in a concise form, the following
designations are used below:

co=cos(ap+ yz+ wt), (11)

si =sin(a@ + yz + wt), (12)

34



Chapter 2. Solution for Electromagnetic Wave in the Dielectric Circuit of Alternating Current

where a, y, @ are constants. Let us write the unknown functions in the

following form:

H,.=h()o, 13)
H,.=h,(r)si, (14)
H_.=h_(r)si, (15)
E.=e(rki, (16)
E,=e,(r)o, 17)
E .=e(r)co, (18)

where h(r), e(r)are function of the coordinate r.

Direct substitution enables us to ascertain that functions (13-18)
convert the system of equations (1-8) with four arguments r, ¢, z, ¢ in

a system of equations with one argument r and unknown functions

h(r), e(r).
Table 1.
Chapter 1 Chapter 2
e, Ape! A-kh(a, 7 r)
1 :
e Ar®™! ;(ew(r)Jrr'e(p(r))
e, 0 A-r- e(/,(r)i
a
E®
h, —e,(r) Aaew r)
h, —h () ~4%%6 ()
cx
h, 0 0

Appendix 1 proves that such a solution does exist. It takes the
following form:

e,(N=khla, 7, r) 0)
1
e,()=—e, (7€) @
e.(r)=r-e,(r)L, @2)
(04
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h,(r)= ——e r)— 23)
h)=""e, )— @4
h.(r)=0. (25)
where kh() — is the function determined in Appendix 2,
2
q{z—“i“’ J 6)
cx

Let us compare this solution with the solution for vacuum,
obtained in Chapter 1- see Table 1. A considerable difference between
these solutions is evident.

-6

x 10 3
1 x 10
) 5000 2
0 -5000 -2
0 ., 005 0.1 0 0.05 0.1 0 0.05 0.1
x 10 -3
x 10
2000 I 2
£ % 1000 J o 1
0 0
0 0.05 0.1 0 0.05 0.1
x 10°
1 2000 | 0
N O N 1000 ; & 2
-1 0 -4 I
0 0.05 0.1 0 0.05 0.1 0 0.05 0.1

Fig.1. (SSB6(3).m)

3. Intensity and Energy Flows

Also, as in Chapter 1, the energy flow density along the coordinates
is calculated by the formula

S, s, - Si°
S = S_(p —77” S, si-co|dr-dg. 1)
S "\, si-co

where
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S, = (e(phz _etho)

S, = (ezhr - erhz), @)
s, = (erh(p - e(phr)
n=clir. 3)

Let us consider functions (2) and e.(r), e,(r), e.(r),

h.(r), h,(r), h.(r). Fig. 1 shows, for example, these functions plotted
for A=1, =55, u=1, ¢=2, y=50, ®=300.

4. Discussion

Further conclusions are similar to those of chapter 1. Thus, an
electromagnetic wave propagates via a dielectric circuit and, in particular,
through a capacitor connected to an AC circuit, and the mathematical
description of this wave is the solution of the Maxwell equations. In this
case, the field intensity, the displacement current, and the energy Flow
propagate in the dielectric along a helical path.

Appendix 1.

A solution to equations (2.1-2.8) is considered to be in the form of
functions (2.13-2.18). Derivatives with respect to » will be denoted with
primes. Let us re-write equations (2.1-2.8) considering (2.11, 2.12) in the
form

&0 g~y ye =0, 0
r r
—l-ez(r)a+e¢(r);(—'u—wh, =0, @)
r C
e, e+ %n, =0, ©
C
L(r)+e;(r)—e’—(r).a+”—whz=0, “
h(r) + 1 (r )+ a+;( h.(r)=0, )
—-hz(r)a—hq,(r))(——wer -0, ©)
r C
, EW
~h @)= K () +=Ze, =0, ™
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()+h()+ (r) +2%¢ (1) =0. ®)
C

The correspondence between the formula numbers in Part 2 and in this
Appendix is as follows:

Part 2 21 122 |23 (24 |25 |26 |27 |28
App. 1 1 5 6 7 8 6 7 8

Formulae (1 — 8) will be transformed below. In doing so, the
formula numbering will be retained after transformation (to make easier
to follow the sequence of transformations), and only new formulae will
take the next number.

Assume that

h.(r)=0. ©)
From (6, 7) it follows that:
h,(r) ———e r)— ©)
h, (r)——e r)— ™
X
Let us compare (1, 8):
&)= goe.r=0, 0
ho) h()+h(r) + 22 (r)=0. ®
r C

From (6, 7) it follows that (1, 8) are identical. Then (8) can be
deleted. Then compare (4) with (5):

ew(r)+e;(r)_er_(r).a:0, Q)

h (r) + 1 (r )+ ©)

From (6, 7) it follows (4, 5) are identical. Hence, equation (5) can
be deleted. The remaining equations are as follows:

—e’(r)+e;(r) ( )0! x-e.(r)=0, @
r
—loez(r)aJreq,(r);(——hr =0, @
r c
e, () —e.(r+£2h, =0, o)
¢
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L(V)Jre;(r)_er_(r).a:

h (r)———e r)—

h, (r)——e r)—
X
Substitute (6, 7) in (2, 3):

_L e.(na+e, (r);(—
r

e (r);( e (r)———e ( )— 0,

or

e(r)—e(r{ _poeod
c

The remaining equations are as follows:

6 ()
r

+e(r)———a-y-e (r)=0,

Let us denote:

owen 1
c c y

From (1, 2, 11) it can be found that:

e (r)————a—yr-e,(r)g/a=0,

M-i—’ ()
r

HO E0 ()__

)

©)

0]

)

6)

)

C)

M

@

6)

)

©)

)

1

12
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From (4) it can be found that:

e, (r): é(ew (r)+7-e, (r)) (13)

! 1 ! 4
er(r):;(26¢(r)+r-e¢(r)) 14
From (12-14) it can be found that:

l[%)+e;,<r>J+l(2e;,<r>+r-e;;<r>}L(”w =0 19
al\ r o r

For the solution and analysis of this equation, see Appendix 2. This
solution cannot be presented as an analytical expression. Let us call this
solution as a function

e,(r)=khla, 7, r), (16)
and its derivative as a function
e,(r)= khl(a, Z, r). 17)

With the known functions (16, 17), the remaining functions can
also be found. Thus, all the functions can be determined from the
following equations:

h.(r)=0, ®

e,(r)= kh(a, 7, r), (16)

e,(r)= khl(a, X r), 17

e (r)= l(e(p(r)+r-e(’p(r)), 13)
o

el (r)= 1 (26; (r)+r-e, (r)), 14
o

e.(r)=re,(N, ®

a

e(r=e(). 3

h()———e()— ©

h (r)——e r)— ©)

X

For the accuracy of the obtained solution, see Appendix 3.
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Appendix 2.
Let us consider equation (15) from Appendix 1:
[e &0 | o ' )j+ el (r)+r- e"(r)} “9Z e (1)=0. ()
a a

Its simplification gives:

(e ( )+e (r)j

—a’+1 , ,
ew(r)(f—q;(r +3e,(r)+r-e,(r)=0,

()= (r)[ +qu_§€ ). ®

X 106

10

ef1
)
o
o

ef
—
o
S
S

0 001 002 003 0.04 005 006 007 008 0.09 0.1
Fig.2. (SSMB6.13)

Equation (2) has not an analytical solution. But the following
functions can be calculated numerically

e,(r) :kh(cx, 7> rJ ?3)
e,(r)= khl(a, 2 r) )
e, (r) :kh2(a, 2 r) (5)

For an example, Fig. 2 shows these functions for

(@=55, 7=50)ataradius of R=0.1.
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Appendix 3.

Substitution of the functions found in Appendix 1 in equations (1-
8) enables us to determine a RMS residual error of these equations. Fig. 3
shows this residual error for (0( =55, y= SOJ at a radius of R =0.1.

A RMS residual error of these equations can be found as a function
of one or other variable. Fig. 4 shows the residual error as a function of
o for y =50 at a radius of R=0.1. Here, the upper window presents
the residual error value, and lower window the residual error logarithm.

x 107°
1.4

1
0.8 /

0.6

uu

0.4 /
/

0.2
4
g

0 001 002 003 004 005 006 007 008 009 0.1
Fig.3. (SSMB6.14)

x 10

log(N(alfa))
&

Fig.4. (SSMB6.333)
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1. Introduction

Chapter 2 deals with the electromagnetic field in an AC dielectric
circuit. The electromagnetic filed in an AC magnetic circuit can be
examined using the same approach. The simplest example of such a
circuit is an AC solenoid. However, if the dielectric circuit has a
longitudinal electrical field intensity component induced by an external
power source, the magnetic circuit features a longitudinal magnetic field
component induced by an external power source and transmitted to
circuit with the solenoid coil.

In this case, the Maxwell equations outlined in chapter 2, are also
used - see (2.1.1-2.1.4).

2. Maxwell Equations Solution
Let us consider solution to the Maxwell equations (2.1.1-2.1.4) [37].
In the cylindrical coordinate system r, @, z, these equations take the

form:

I

OE
E OB 1% [ OE (n
r Or r Op 0Oz

S sy @
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0E, OE,  dH

=y—2, €)
oz oOr dt
E, OE, 1 ©E, dH
—t - =v ) Q)
r or r O dt
H
H’+6H’+l-a ¢’+6H2=0, ®)
r or r Op Oz
1 oH. OH dE.
. z _ [4 — q 7 (())
r op oz dt
OH, OH, dE,
- =q ) (7)
0z or dt
H, OH, 1 oH dE
—£+ -t =q— ®)
r or r O dt
where
V= —/L[/C 5 (9)
q=¢fc, (10)

E,., E,, E. are the electrical intensity components,
H,, H,, H, arethe magnetic intensity components.

A solution should be found for non-zero intensity component H_ (in

Chapter 2 this should be found at non-zero intensity E.).
To write the equations in a concise form, the following
designations are used below:
co =cos(ap + yz+wt), 11)
si =sin(a@ + yz + wt), (12)
where @, y, @ are constants. Let us write the unknown functions in the

following form:

H,.=h()o, (13)
H,.=h,(r)si, (14)
H_.=h_(r)si, (15)
E.=e(rki, (16)
E,=e,(r)co, (17)
E_.=e(r)co, (18)

where h(r), e(r)are function of the coordinate r.

Direct substitution enables us to ascertain that functions (13-18)
convert the system of equations (1-8) with four arguments r, ¢, z, ¢ in
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a system of equations with one argument r and unknown functions

h(r), e(r).
Table 1.
Chapter 1 Chapter 2 Chapter 3
e. | ar A-kn, 7, r) ~ 2, )
xc
1 , w
e, Ar™! - ,(r)+r-e, ) ;—Ch (r)
q
e, 0 A-r-e,(r)= 0
a
1 '
P 4226 () =, () + -1 (1)
cy a
hy | =h() —4%2¢,() khle, 7. r)
X
n 0 0 roh (gl a

Appendix 1 proves that such a solution does exist. It takes the
following form:

e.(r)=0, (20)
hy(r)=khla, z, r), )
1 :
h,(r): —;(h¢(r)+r-h¢(r)), (22)
h(r)y=r-h,(r)qlea, (23)
e, (r) =220, (r). (24)
xc
@
e, (r)= —'u—h(/) (r)., (25)
xc
where kh() —is the function determined in Appendix 2 of Chapter 2,
2
q=(x—”gf’} 6)
cx

Let us compare this solution with the solutions, obtained in
chapters 1 and 2 - see Table 1. Similarity of these equations is illustrated
in Chapters 2 and 3.
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3. Intensity and Energy Flows
Also, as in Chapter 1, the energy flow density along the coordinates

is calculated

TAC

Let

by the formula

S_, s, - si°
S = S_(p :77” s, si-coldr-do. 1)
s | "s.-si-co

z

s, = (e(phz - ezhw)

S, = (ezhr - erhz), @
s, = (erh(p - ewhr)
n=clir. ?3)

us consider functions (2) and e(r), e,(r), e.(r),

h.(r), h,(r), h.(r). Fig. 1 shows, for example, these functions plotted

for A=1, =55, u=1, ¢=2, y=50, ®=300. These parameters

are chosen the same as in Chapter 2 - for comparison of the obtained

results.
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4. Discussion

Further conclusions are similar to the conclusions of chapter 1 and
2. Thus, an electromagnetic wave propagates in an AC magnetic circuit,
and the mathematical description of this wave is a solution to the
Maxwell equations. In this case, the field intensity and the energy Flow
follow a helical trajectory in the considered circuit.

Such electromagnetic wave propagates through transformer
magnetic circuit. Magnetic flow and electromagnetic energy flow
propagates through the magnetic circuit together with it. It is important
to note that the magnetic flow value does not change in case of load
change. Therefore, it is the electromagnetic energy flow that transfers
energy from the primary winding to the secondary winding not change.
Thus, the energy flow is not dependent on the magnetic flow. Here one
can see an analogy with transfer of current through an electrical circuit,
where the same current can transfer different energy. This issue is
discussed in detail in Chapter 5. The chapter says that at given current
density (in this case, at given magnetic flow density) transferred power

may be of almost any value depending on the values of ¥, «, ie. on

density of screw trajectory of current (in this case, at given magnetic flow
density). Consequently, the transferred power is determined by the
density of screw trajectory of current at a fixed value of the magnetic
flow.

Appendix 1.

A solution to equations (2.1-2.8) is considered to be in the form of
functions (2.13-2.18). Derivatives with respect to » will be denoted with
primes. Let us re-write equations (2.1-2.8) considering (2.11, 2.12) in the
form

“O -y e =0, W
7 r

—l-ez(”)a"‘ew(r)}(—ﬂ_whr =0, @
r C

er(l”)}(—e;(’”)"‘ﬂhw =0, ©)

ew(r_) +e(r) -2 (r) HOh ~o, )

ETNC I :
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Loha-hny-22e =0, ©

r C

—h,.(r);(—h;(r)+%e =0, ™

h

() h(>+h(r) +524 (1) =0, ®
C

The correspondence between the formula numbers in Part 2 and in this
Appendix is as follows:

Part 2 21 122 |23 |24 |25 [26 |27 |28
App. 1 1 5 6 7 8 6 7 8

Formulae (1 — 8) will be transformed below. In doing so, the
formula numbering will be retained after transformation (to make easier
to follow the sequence of transformations), and only new formulae will
take the next number.

Assume that

ez (7") = 0 * (9)
From (2, 3) it follows that:
e, (N =ﬂh,. (r) @
e, (r)y=—"— 3)
Let us compare (4, 5).
()+ L) - () a+2h =0, @
h(r) h()+ 05+;( h(r)=0, 5)

From (2, 3) it fo]lows that (4, 5) are identical. Then (4) can be
deleted. Then compare (1) with (8):

e(”)+ - g0, (1
M+h;,(r)+ir)-oz=0, ©)
r r

From (2, 3) it follows (1, 8) are identical. Hence, equation (1) can
be deleted. The remaining equations are as follows:

e, (=221 (). @
xc

e, (r)= —ﬂ—a)h¢(r), €)
xc

48



Chapter 3. Solution for Electromagnetic Wave in the Magnetic Circuit

hr(”)+h'( )+ ¢( LA (1) =0, 5)
—.hz(r)a—h¢(r);(——‘”e,=o, ©)
r C
—h (r);(—h'(r)+ﬂe =0, @)
h
( ) L)+ (’") +%%e (r) =0, ®
C
Substitute (2, 3) in (6, 7):
- h (Na—h (r);g+‘9‘“ 'L;)h r)=0 ©)
—h ()~ <r>+g—”7“’h (r) =0, )
or
ﬁ-hxr):h(,,(r)(z—ﬂg—‘“l} ©
r c ¢y
B(r)=—h, (r{z—ﬂ@i] )
c c gy
The remaining equations are as follows:
e, (r) =22 h (), @
xc
e, (r): —’u—wh(p (r), 3
h(r) h’()+ LI h(r)=0, 5)
—-hz(r)=hq,(r)(z—“—"’@% ©
r c ¢y
B(r)=—h, (r{z—ﬂ@i] )
c cy
h(r) h
¢T+h¢(r)+%r)'a: , ®)
Let us denote:
q:(l_ﬂ_w@l] (1
c cy

From (5, 6, 11) it can be found that:
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h(r)+h'( )+ ()a+l”'h¢(’”)q/a:0’ (12)
r
From (8) it can be found that:
1 :
h ()= —;(hw(r)+r~h(p(r)) (13)
! 1 ! 14
()= —E(2h(p(r)+r-h¢(r)) (14

From (12-14) it can be found that:

h,(r)
—;( h()j

(e (r) (r)]+ (Ze (ry+r- e”(r))— a 9z, .. ,(1)=0 (15
a a

"

=0,(15

It can be observed that this equation is the same as equation (15) in
Appendix 1 of Chapter 2, if variable s, (r) is substituted for variable

e,(r). Therefore, the solution of the equation is a function of

h(r)=kha, z, r), (16)
and its derivative as a function
n(r=khile, z, r) (17

With the known functions (16, 17), the remaining functions can
also be found. Thus, all the functions can be determined from the
following equations:

e.(r)=0, ®

h(r)=kh(e, z, 1), (16)

n(r)=khile, z, r), 17)
1 ,

hr(r)z —;(hw(r)+r-h(p(r)), (13)

’ 1 ! 14

()= —;(21% () +r-h(r)), (14)

h(r)y=r-h,(r)q/ea, ©)

H.(r)==h(). )

e, =22 h.(r), @

xc

e, (r)=—E2n,(r). ®

xc
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1. Introduction
The Maxwell equations in general in GHS system have the
following form (see option 1 in the "Preface"):

rot(E )+ ﬁaa_’;’ _o0, M

rot(H)-£9E 37 5o, 2)
cot ¢

div(E)=0, €)

div(H)=0, )

J=E, ©

where
J, H, E - conduction current, magnetic and electric intensity

accordingly ,
g, U, p - dielectric permittivity, permeability, specific resistance of
the wire's material
Further these equations are used for analyzing the structure of
Alternating Current in a wire [15]. For sinusoidal current in a wire with
specific inductance L and specific resistance p intensity and current are
related in the following way:
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1 p—iol
. E = 2
priol  p*+(wLy
Hence for p << wL we find:

J= E.

Jz_—lE.
oL

Therefore for analyzing the structure of sinusoidal current in the
wire for a sufficiently high frequency the condition (5) can be neglected.
IIpu stom is necessary to solve the equation system (1-4), where the
known value is the current J_ flowing among the wire, i.e. the projection

of vector J on axis oz (see option 4 in the "Preface"):

2. Solution of Maxwell's equations
Let us consider the solution of Maxwell equations system (1.1-1.4)
for the wire. In cylindrical coordinates system r, ¢, z these equations

look as follows [4]:
E. ©OE 1 OE, OFE.
+ +—- +

”

=0, @
r or r Op Oz

O
1 0B, &, _dH, @
r 0p oz dt

OE  OF, dH
- =V ) 3
oz or dt
E, OE, 1 OE, dH .
—+ - =V ) O
r or r o0p dt

H,  oH, 1 0H, 0H.
+—- +

r

=0, ®)

r or r Op Oz

1 0H, O©OH dE
. z _ P _ q r (6)
r 8¢ oz dt

OH, OH, _ dE, -
0z or 1 dt ’

H, OH, 1 oH dE. Ar
—+ -t =q—+—J_. ©)
r or r O dt c

where
v=—yujc, 9)
qg=¢&lc, (10)
Further we shall consider only monochromatic solution. For the
sake of brevity further we shall use the following notations:
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co=cos(ap+ yz+ wt), (11)
si =sin(ap+ yz + wt), (12)
where a, y, @ — are certain constants. Let us present the unknown

functions in the following form:

H.=h()o, 13)
H,.=h,(r)si, (14)
H_.=h_(r)si, (15)
E.=e(rki, (16)
E,=e,(r)o, 17)
E .=e(r)co, (18)
J,.=j.(r)o. 19)
J = J,(r)si, (20)
J.= j.(r)si, e

where h(r), e(r), j(r) - certain function of the coordinate r.

By direct substitution we can verify that the functions (13-21)
transform the equations system (1-8) with four arguments r, @, z, ¢

into equations system with one argument r and unknown functions
h(r), e(r), j(r).

Further it will be assumed that there exists only the current (21),
directed along the axis Z . This current is created by an external source.
It is shown that the presence of this current is the cause for the existence
of electromagnetic wave in the wire.

In Appendix 1 it is shown that for system (1.1-1.4) at the
conditions (13-21) there exists a solution of the following form:

e,(r)=Ar"", 22)
e(r)=e,(r), 23)
e.(r) =2”§——A;””if_“ re, (), (24)
h(r)=% Miﬂe,,,(r) : 25)
hy(r)=~h,(r), (26)
h.(r)=0, 27)
Jn= e (=" Ar, (28)
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where 4,c,a,® — constants.

Let us compare this solution to the solution obtained in chapter 1
for vacuum — see Table 1. Evidently (despite the identity of equations)
these solutions differ greatly. These differences are caused by the
presence of external electromotive force withe (#)#0. It causes a
longitudinal displacement current which changes drastically the structure
of electromagnetic wave.

Table 1.
Vacuum Wire
x| 22\ eu 72 Meu, 7=+1
c c
J. 0 e (r)
A
er
Are? Ar®™!
e

o 0 (Ajﬁl)w@ )

he |  —e,r) z/Miﬂeq,(r)

—h,(r) —h.(r)
0 0

3. Intensities and currents in the wire
Further we shall consider only the functions j_(7),

e.(r), e, (r), e.(r), h.(r), h,(r), h.(r).Fig. 1 shows, for example, the
graphs of these functions for A=1, =3, u=1, ¢=1, ®=300. The

value j_(7) is shown in units of (A/mm”2) - in contrast to all the other

values shown in system SI. The increase of function j (r) at the radius

increase explains the skin-effect.
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The energy density of electromagnetic wave is determines as the
sum of modules of vectors E, H from (2.13, 2.14, 2.16, 2.17, 2.23, 2.24)

and is equal to

W=E+H"= (er (r)vi)z + (e(ﬂ (r}i)Z + (hr (r)co)z + (h(p(r)co)
=0 +6,0) 0

- see also Fig. 1. Thus, the_density of electromagnetic wave energy is
constant in all points of a circle of this radius.

In order to demonstrate phase shift between the wave components
let's consider the functions (2.11-2.19). It can be seen, that at each point

with coordinates r, ¢, z intensities H, E are shifted in phase by a

or

quarter-period.
Let us find the average value of current amplitude density in a wire

of radius R:
1
= [[V.Yr-do. ©
.

J_z -
7R

Taking into account (2.21), we find:
-— 1 . .
J. :Wg[/z(”)fl}#'d(ﬁ (59)

Next, we find:
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.=

J. = ﬁ;z : ’ (rff(si : dgo)Jdr-

Taking into account (2) we find:

J_Z (r{cos(2a7r + 20 z)— cos(— z)j
anR’ c
or
J. le (cosar)-1)-J,, ©)
where
R
er:J-jz(ryr' (7)
0

Taking into account (2.28), we find:

s, AL oy, 2

2ra
ot
— AZ&‘&) Ra+l (10>
" 27a(a+1)
45
-
L 4
.O
4 vod
L 4
L 4
.D
3.5 -
L 4
*
*
'0
g ° K
s o
5| 3
S o5l% 0
. R4
* <
* “
> “
2 S 0%
\ '..."-.-.l“‘
\ /
1
1 15 2 25 3 35 4 45 5 55 6
Fig.3. (SSMB)

Fig. 3 shows the function J_(a) (6, 10) for A=1. On this Figure
the dotted and solid lines are related accordingly to R=2 and R=1.75.
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From (6, 8) and Fig. 3 it follows that for a certain distribution of the

value j, (r) the average value of the amplitude of current density J_Z
depends significantly of « .
The current is determined as

J_E9k (11)
c Ot
or, taking into account (2.13-2.21):
J,,.:%er r)co,
c
E® .
g, zTew(r)sz ,
J..= [ﬂez(r) +jzjsz'. (12)
c

You can talk about the lines of these currents. Thus, for instance,
the current J_. flows along the straight lines parallel to the wire axis. We
shall look now on the line of summary current.

-1 -1

Fig.4. (SSMB)

It can be assumed that the speed of displacement current
propagation does not depend on the current direction. In particular, for a
fixed radius the path traversed by the current along a circle, and the path
traversed by it along a vertical, would be equal. Consequently, for a fixed
radius we can assume that

z=y-9 (13)
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where y is a constant. Based on this assumption we can convert the
functions (4b) into

co=coslap +2yyp),  si=sin(ap+2yyp) (14)
and build an appropriate trajectory for the current. Fig. 4 shows two
spiral lines of summary current described by the functions of the form

co =cos((a +2)p), si=sin((@+2)p).
On Fig. 4 the thick line is built for & =1.8and a thin line fora =2.5.
From (2.19-2.21, 14) follows that the currents will keep their values

for given r, ¢ (independently ofZ) if only the following value is
constant

B=(a+2z7) (15)
Further, based on (14, 15) we shall be using the formula

co=cos(Bp),  si=sin(Bp). (16)

4. Energy Flows

Electromagnetic flux density - Poynting vector in this case is determined
in the same way as in Chapter 1, Section 4. Although here we repeat the first 6
equations from that Section for readers' convenience. So,

S=nExH, M
where
n=clir. @)
In cylindrical coordinates 7, ¢, z the density flow of
electromagnetic energy has three componentsS,, S,, S., directed along

BAOAB the axis accordingly. They are determined by the formula

S E,H -EH,
S = S(p = H(E X H): 77 EZHV - Eer ‘ (4)
S. EH,-E,H,

From (2.13-2.18) follows that the flow passing through a given section of
the wave in a given moment, is:

.2
S, - Si

=77H s, si-co |dr-de. ®)

r,e

S =

CQ| GUJ| ‘Fa|

N

s, -Si-co

where
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s, = (6th - ezh(o)

S, = (ezhr —erhz). ©)
s, = (erhw - e(phr)
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Fig.5. (SSMB)

It is values density of the energy flux at a predetermined radius
which extends radially, circumferentially along, the axis 0z respectively.
Fig. 5 shows the graphs of these functions depending on the radius at

A=1, a=3, u=1, ¢=1, @=300.
The flow of energy along the axis 0z is
S_z=77”[s2 -si'co]dr-dqo. ©)
r,Q

We shall find s, . From (6, 2.22, 2.23, 2.26), we obtain:

5. =2e,h, =7, /Miﬂej,(r) o)

s, = Qrza_z, (10)

or

while
O=AF |— (11)

In Chapter 1, Appendix 2 shows that from (7) implies that
§=—°— (1 - cos(4a7z))j (sz (r)dr). (12)
l6ar "
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Let R be the radius of the circular front of the wave. Then from (12) we
obtain, as in chapter 1,

i 0
S = I(SZ(V)CZV)ZﬁRZH, (13)

alfa (1 cos(4a7z)) (14)

S - 16 Salqumt (15>

Combining formulas (11-15), we get:

S_Z:——(l cos(4a7z))A2/ —&— R
2a 1

T JA%c(1—cos(dar)) | & Ra-
’ 8zaa 1) Mu '
This energy flow does not depend on the coordinates, and so it
keeps its value along all the length of wire.

Fig. 7  shows  the  function S(a) (16)  for
A=1, M =10"3, u=1, £=1. On Fig. 7 the dotted and the solid lines
refer respectively to R=2 and R=1.8.

or
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0
Fig.8. (SSMB)

Since the energy flow and the energy are related by the expression
S =W -c, then from (15) we can find the energy of a wavelength unit:

A

W=—""8,.Su
1672' alfa™ int

)
It follows from (7, 3.16), the energy flux density on the
circumference of the radius defined function of the form

S, =s.sin(2fp). (18)

Fig. 8 shows this function (18) for s_ =7*" - see (10). Shows two

curves for two values at & =1.4 and at two values of radius =1 (thick
line) and 7 =2 (thin line).

Fig. 9 shows the function § (18) on the whole plane of wire

a-2

section for s, =7°*? and @ =1.4. The upper window shows the part of

function S graph for which § >0 - called Splus, and the lower window
shows the part § graph for which § <0 - called Sminus, and this part
for clarity is shown with the opposite sign. This figure shows that
S = Splus + Sminus > 0,

L.e. the summary vector of flow density is directed toward the increase of
z - toward the load. However there are two components of this vector:
the Splus component, directed toward the load, and Sminus
component, directed toward the source of current. These components of
the flow transfer the active and reactive energies accordingly.
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Sminus Fig.9. (SSMB)

It follows that
e flux density is unevenly distributed over the flow cross section —
there is a picture of the distribution of flow density by the cross
section of the wave

e this picture is rotated while moving on the axis 0z;

e the flow of energy (15), passing through the cross-sectional area, not
depend on ¢, z; the main thing is that the value does not change

with time, and this complies with the Law of energy conservation.

e the energy flow has two opposite directed components, which
transfer the active and reactive energies; thus, there is no need in the
presentation of an imaginary Pointing vector.

5. Current and energy flow in the wire

One can say that the flow of mass particles (mass current) "bears"
a flow of kinetic energy that is released in a collision with an obstacle.
Just so the electric current "bears” a flow of electromagnetic energy
released in the load. This assertion is discussed and substantiated in [4-9].
The difference between these two cases is in the fact that value of mass
current fully determines the value of kinetic energy. But in the second
case value of electrical current DOES NOT determine the value of
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electromagnetic energy released in the load. Therefore the transferred
quantity of electromagnetic energy — the energy flow, - is being
determined by the current structure. Let us show this fact.

2500

2000

1500

vl
NVVVV

3 3.5 4

>

I...

Fig.10. (SSMB)
As follows from (3.10), the average value of amplitude density of

current J_Z in a wire of radius R depends on two parameters: & and 4.
For a given density one can find the dependence between these
parameters, as it follows from (3.10):
4 2ra(o + I)R,HJZF . 0
YED
As follow from (4.106), the energy flow density along the wire also
depends on two parameters: @ and 4. Fig. 10 shows the dependencies

(1) and (4.106) for given J_Z =2, R=2. Here the straight line depicts the

constant current density (in scale 1000), solid line — the flow density,
dotted line — parameter A in scale (in scale 1000). Here A4 calculated
according to (1), the energy flux density - to (4.16) for a given 4 One
can see that for the same current density the flow density can take
absolutely different values.

From equations (4.7, 3.16) above we found energy flux density on a
circumference of given radius as a function (see. (4.18)):

S, = S, sin(2 ,B(p). ©)
In a similar way from equations (3.5a, 3.16) we can find current
density on a circumference of given radius as a function of
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J = j.sin(Bp). 3)

0 :
Sminus 20

-20

Function (2) was illustrated on Fig. 9. Left windows on Fig. 11
illustrate the graph of this function S (2), and the right windows, for

comparison purpose, show graph of function J (3) drown in the same
way for A=1, a=14, =16, R=19.

From Fig. 11 it can be seen that currents and energy fluxes can
exist in the wire, which are divided into contra-directional "streams".

Combinations of parameters can be selected such that total
currents of contra-directional "streams" are equal in modulus, and at the
same time, total eneroy fluxes of contra-directional "streams" are also
equal in  modulus.  Fig. 13 illustrates  this  case: If

A=1, a=18, =2, R=19, then the following integrals over wire

cross-section area O are equal (it's important that £ is divisible by 2):
ISplus dQ = —J. Sminus-dQ > IJplus dQ = —I Jminus - dQ -
0 0 0 0
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Splus 20 - Jplus

Jminus - Fig.13. (SSMB.93)

6. Discussion

It was shown that an electromagnetic wave is propagating in an
alternating current wire, and the mathematic description of this wave is
given by the solution of Maxwell equations.

This solution largely coincides with the solution found before for
an electromagnetic wave propagating in vacuum — see Chapter 1. It was
found that the current in the wire extends along a helical path, and pitch
of the helical path depends on the density

It appears that the current propagates in the wire along a spiral
trajectory, and the density of the spiral depends on the flow density of
electromagnetic energy transferred along the wire to the load, i.e. on the
transferred power. And the main flow of energy is propagated along and
inside the wire.

Appendix 1

Let us consider the solution of equations (2.1-2.8) in the form of
(2.13-2.18). Further the derivatives of r will be designated by strokes. We
write the equations (2.1-2.8) in view of (2.11, 2.12) in the form

M+e;(r)—e";(r)a—;(‘ez(r)zo, 1)
r r
—l-ez(r)a+e¢(r);(—'u—wh,=0, @
r C
e, (Y —e(r+22h, =0, )
C
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L“’)+e;,(r)—e"—(”)-a+ﬂ—whz=0’ !
RO,y g s )=, ®
_.hz(r)a—hw(r))(——wer =0, o
7 C
—hr(r)z—h;<r>+@e =0, K
By 20 (r) ar®em="Tj0  ®
C C

We multiply (5) on (— ﬂ} . Then we get:
cx

h

_ya)h(r)_ya)h() ) (r) #whz(r)zo. o)
cy r cy cy r c

Comparing (4) and (9), we see that they are the same, if

h. #0

B2 h ) =e () o
x

B2, ()=, (),
cx

or, if

h, =0,

-M ﬂ—whq) (r=e, (r) Os)
cx

w
ﬂ—hr (r)z e,(r),
y4

where M - constant. Next, we use formulas

—Mﬂhw (r)y=e, (r) (10)
cx
MLa)h,(r)= e,(r), (11
4

where M =1 in the case of (9a). Rewrite (2, 3, 6, 7) in the form:
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e (r) =£e¢(r)—iﬂhr(r) (12)
a a ¢

el(r)=e, (r);( + ’uTwhw (r), (13)

h(r) =2 n, )+ =52 e () (14)
a a c

H(r)=~h g+ e, (). ®

Substituting (10, 11) in these equations (12, 13), we get:

en=(r-2)Le,0-YDE () 0
e(r)= (z——) (r)z—( )ze (). a7

Substituting (10, 11) in these equations (14 15), we get:

hz(r>=(z— gca’“c;’Ja ()= Z(czzz —Meua? o (r),  (19)

h.(r)= ( ;(+Mg QK a)jh()— (02;(2 Meuw® )r (r (19)

Differentiating (16) and comparing with (1 7), we find:

M -1 M -
( )z( )= )Ze(r)
or
(e, () = ae, ()
or
(e¢ (r)+ r-e, (r))z ae, (r). (20)
From (1, 16), we find:
e (r) e (7’) M-D L
+e,(r) - i 7 —e, (r)=0 23)
From physical con51derat10ns we must assume that
h(r)=0. 249
Then from (18) we find
(02;(2 — Mesuw’ } 0
or
~ N
}(=,’{?1/M8ﬂ, 7 =71 (25)

From (16, 25), we find:
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e (= DL e ()= P20 52 it e )

or
e (r)= (M D w@ (25a)
\/_
For w << ¢ from (25) we find that
7] <<1. 26)

Then in the equation (23) we can neglect the value y° and obtain an
equation of the form

a-e,(r)y=e.(r)+r-e.(r). 27)
From (27, 20) due to the symmetry we find:

e.(r)=e,(r), 28)

a-e,(r)=e, )+ 7 e, ) (29)
The solution of this equation is as follows:

e, (r)z Are?, (30)

which can be checked by substitution of (30) into (29). From (11, 25), we

find
N &
h(r)= zw/—Mﬂew(r), (1)

and from (10, 28), we find
h,(r)==h.(r). (32)
Finally, from (8, 32), we find

J;(r)=i(—m—h:(r)+hf—(”)-a+@ez(r)] o
47 r v c

Taking into account (30.31), we note that the sum of the first three terms
is equal to zero, and then

J.()=2e (). 649
4r
So, we finally obtain:
e, (r)z Are™, 30)
e (r)=e,(r), (28)
e.(nN=yx ;M D) w@ (253)
NI

h,(r)= fw/Miﬂ%(V), 31
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hy(r) = —h,(r),
h(r)=0,

(=52
J1=52e.(r).

(32)
24

(39

The accuracy of the solution

To analyze the accuracy of the solution may be for given values of
all constants to find the residual equation (1-7). Fig. 0 shows the
logarithm of the mean square residual of the parameter «a -

InN = f(a), when A=1, =300, u=1, e=1.

-5

-10

-15

-20

-25

log(N(alfa))

-30

-35

-40

-45

AN

/

N

N

2 3

4 5 6 7 8 9 10
Fig.0. (SSMB)
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1. Introduction

In Chapters 2 and 4, we considered solutions of Maxwell equations
for wire with alternating current in some special cases. Further, we will

consider the general case of sinusoidal alternating current.

2. Mathematical model

In the case under consideration, the fields and currents are
monochromatic and can be represented in a complex form [65]. The
system of Maxwell equations for monochromatic fields relative to the

amplitude values in this case takes the following form:

rot(E )~ couH =0,
rot(H)— wek —J =0,
div(E)=0,

div(H )=0,

where
M - magnetic permeability,
& - dielectric constant,
@ - angular frequency.

@)
(b)
©
C)

In cylindrical coordinates system 7, @, z these equations look as

follows:
E OE 1 OF , OF
+ +—- +

r

=0, em. (¢)
r or r Op Oz

——2—— —uH =0, oM. (a)

)

)
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OE, OE.

_ — =0 cM. (a 3
o, euH, =0, @ ©
E OCE

+_. —|— Z :0, . d 5
r or r Op oz o (@ ©
OH
l.ai__(ﬂ_a)gEr—Jr:O, CM.(b) (6)
r O0p Oz
OH, OH,
% o —weE,-J, =0, om. (b) ©
H oH
_¢+_¢_l.%_a)gEz_JZ: . CM. (b) (8)

r or r Op

For the sake of brevity further we shall use the following notations:

co=cos(ap+ yz), (11)

si =sin(ap + yz), (12)
where «, y — are certain constants. Let us present the unknown

functions in the following form:

H,.=h()o, (13)
H,.=h,(r)si, (14)

H,.=h,(r)si, (15)

E.=e(rki, (16)
E,=e,(r)co, (17

E .=e(r)co, (18)

J,.=j (i, (19)
J,.=J,(r)co, (20)

J..= j.(r)o, e

where h(r), e(r), j(r) - certain function of the coordinate r.

By direct substitution we can verify that the functions (13-21)
transform the equations system (1-8) with three arguments , ¢, z into

equations system with one argument r and unknown functions
h(r), e(r), j(r). Further the derivatives of r will be designated by

strokes. Then after this transformation we get:
e,(r)

er(”)+e;(r)__a—z-ez(r)=0, M
r r
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e()

& gy te, ()7 - ook, () =0, ®
e, (r)z —€(r) = pwh, (r) =0, o)
Lm+¢r e()a poh (r)=0, (4)
h(r) h()+ Dt zeh () =0, ®
’ (r)a () = e, (1)~ ],(r) =0, ©
i )y = (r) = swe, (r) = j, (r) =0, )
B 94240, - . =0. ®

Five equatlons (1-5) connect 6 functions h(r), e(r).

We will assume that the function A,(r) is known. Then by (1-5)

one can find the remaining functions from the set of functions
Ifl(r), e(r)J - see Appendix 1. Then, by (6-8), we can find the functions

J(r):
( )

(N ==—=a—h,(r)y-cwe(r), (6a)
j,(r) = —h Ly = 1. (r) - ewe, (7). (7a)
jz(r)— ()+h()+h()a ewe (1) . (8)

Function,(r) should be determined so that the calculated

function j_(7) corresponds to skin effect. In this case, it can be asserted

that the solution of Maxwell equations of the form (13-21) for wire with
alternating current exists.

Appendix 1

Paccmorpum asroputm perrenns ypapHeHui (1-5) mpm AaHHONR
bynxmmm h,(r):
1. Braawaae moaaraem, 9to Bce (PyHKIIIH Ifl(r), e(r)JZO, Kpome
AaHHO# pyHKINIU /A (r) .

2. e()_—e(’”) ()a+;(e(r) (1a)
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3. e(r)=e (r);(—ya)h (r).
4. e('p(r): € (r) & ()

5. HaxoanM HOBEBIE 3HAYEHUA BCEX cpyHKuHﬁ

e(r)= e(r) +e'(r)-dr.
6. h(r)=—— ( e()a+e<nz)
y77)

o+ uowh (r).

7 hxf>=;i;(—f%?3a++4001j-

s hy=l [ )y ) h“)],

9. HaXOAI/IM HOBBIC 3HAYCHUA HpOI/ISBO,A,HbIX
W ()=, () +h, () Y dr.
10.Bosspar k 1. 2.

(32)

(42)

(22)

(22)

(52)

73



Chapter 5. Solution for Wire with Constant Current

Chapter 5. Solution of Maxwell's
Equations for Wire with Constant Current
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1. Introduction

In [7, 9-11] based on the Law of impulse conservation it is shown
that constant current in a conductor must have a complex structure. Let
us consider first a conductor with constant current. The current J in the
wire creates in the body magnetic induction B, which acts on the
electrons with charge ¢,, moving with average speed V in the direction

opposite the current J, with Lorentz force F', making them move to
the center of the wire — see Fig. A.

Dt

Fig. A.

Due to the known distribution of induction B on the wire's cross
section the force F' decreases from the wire surface to its center — see
Fig. B, showing the change of F' depending on radius », on which the
electron is located.
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Chapter 5. Solution for Wire with Constant Current

Fig. B.

Thus, it may be assumed that in the wite's body there exist
elementary currents I, beginning on the axis and directed by certain
angle a to the wire axis — see Fig. C.

Fig. C.

In [7, 9-11] was also shown that the flow of electromagnetic energy
is spreading inside the wire. Also the electromagnetic flow

e directed along the wire axis,

e spreads along the wire axis,

e spreads inside the wire,

e compensates the heat losses of the axis component of the

current.
A J B Cc
—
Rn
D
e

J
Fig. 1.
In [9-11] a mathematical model of the current and the flow has

been. The model was built exclusively on base of Maxwell equations.
Only one question remained unclear. The electric current J Tok and the
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flow of electromagnetic energy S are spreading inside the wire ABCD
and it is passing through the load Rn. In this load a certain amount of
strength P is spent. Therefore the energy flow on the segment AB should
be larger than the energy flow on the segment CD. More accurate,
Sab=Scd+P. But the current strength after passing the load did not
change. How must the current structure change so that che
electromagnetic energy decreased correspondingly? This issue was
considered in [7].

Below we shall consider a mathematical model more general than
the model (compared to [7, 9-11]) and allowing to clear also this
question. This mathematical model is also built solely on the base of
Maxwell equations. In [12] describes an experiment which was carried
out in 2008. In [17] it is shown that this experiment can be explained on
the basis of non-linear structure of constant current in the wire and can
serve as an experimental proof of the existence of such a structure.

2. Mathematical Model

Maxwell's equations for direct current wire are shown Chapter
"Introduction" - see variant 6:

rot(J)=0, @)
rot(H)-J -J, =0, (®)
div(J)=0, ©
div(H)=0. ()

Here, in these equations we included a given value of density J, of
the current passing through the wire as a load. We know, that H, = J_r.
As the definition of curl includes derivatives 0H/0r and 0H v / or=J,,

then equation (b) can be simplified as follows

rot(H)-J =0. (b1)
The solution of equations (a, b1, ¢, d) is assumed to be zero. However,
below we will demonstrate that in the presence of current J, there shall

be non-zero solution of these equations.
In building this model we shall be using the cylindrical coordinates

r, ¢, z considering
e the main current J, and intensity H, produced by it,
e the additional currents J,, J,, J_,
® magnetic intensities H,, H,, H_,

e clectrical intensities £,
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e clectrical resistivity 0.

The solution requires to find density functions for all intensities
and currents. The current in the wire is usually considered as average
electrons flow. The mechanical interactions of electrons with the atoms
are considered equivalent to electrical resistivity.

The equations (a-d) for cylindrical coordinates have the following
form:

Ly —L 44— — 24— 20, )
r or r Op Oz
oH
108, _ v =J, )
r O0p Oz
OH. OH
-—=J,, 3
0z  Or v ©
H, 2 oH
—“’+—¢—l~8H’=JZ+JD, 4
r or r 0p
oJ
J’+%+l- ¢+%=O, ©)
r or r Op 0Oz
oJ,
Lo W, o
r 0p Oz
oJ, dJ,
-—=0, ¥
oz or
J, dJ
_? _W_l.%zo. ©)
r or r Op

The model is based on the following facts:
1. the main electric intensities £ is directed along the wire axis ,

2. it creates the main electric current J, — the vertical flow of

charges,
3. wvertical current J, forms an annular magnetic field with intensity

H, and radial magnetic field H, - see (4),
4. magnetic field H, deflects by the Lorentz forces charges vertical

flow in the radial direction, creating a radial flow of charges -
radial current J,,
5. magnetic field A, deflects by the Lorentz forces the charges of

radial flow perpendicularly to the radii, thus creating an vertical
current J_ (in addition to current J ),
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6. magnetic field H, by the aid of the Lorentz forces deflects the
charges of vertical flow perpendiculatly to the radii, thus creating
an annular current J ,

7. magnetic field H, by the aid of the Lorentz forces deflects the
charges of annular flow along radii, thus creating vertical current
J, (in addition to current J ),

8. current J, forms a vertical magnetic field H_ and annular
magnetic field H,, - see (2),

9. cutrent J, form a vertical magnetic field H, and radial magnetic
field H, - see (3),
10. current J, form a annular magnetic field H, and radial magnetic

field H, - see (0),

Thus, the main electric current J, creates additional currents
J,» J,, J. and magnetic fields H,, H,, H_. They should satisty the

Maxwell equations.

In addition, electromagnetic fluxes shall be such that

A. Energy flux in vertical direction was equal to transmitted

powet,

B. The sum of energy fluxes is to equal to transmitted power plus

the power of thermal losses in the wire.

Thus, currents and intensities shall confirm Maxwell's equations
and conditions A and B. In order to find a solution we part this problem
into three following tasks (that is true, because Maxwell's equations ate
linear):

a) to find solution of equations (1-8) without current J ; this
solution occurs to be multi-valued;

b) to find additional limitations on initial solution posed by
conditions A and B; here we take into account current J, and

intensity H,, produced by it.

First of all, we shall prove that a solution of system (1-8) is exist

z

with non-zero currents J,, J,, J..

For the sake of brevity further we shall use the following notations:
co=—cos(ap+ yz), (10)

si =sin(ap + yz), 11)
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where a, y — are certain constants. In the Appendix 1 it is shown that

there exists a solution of the following form:

Jr.zjr(r)co, (12)
J = J,(r)si, (13)
J,.=j.(r)si, (14)
H,.=h(r)o, (15)
H,.=h,(r)si, (16)
H_.=h_(r)si, 7

where j(r), h(r)- certain function of the coordinate r.

It can be assumed that the average speed of electrical charges
doesn't depend on the current direction. In particulat, for a fixed radius
the way passed by the charge around a circle and the way passed by it
along a vertical will be equal. Consequently, for a fixed radius it can be
assumed that

Ap=Az. (18)

Thus, there on cylinder of constant radius is trajectory of point,
which described by the formulas (10, 11, 18). This trajectory is a helix.
On the other hand, in accordance with (12-17) on this trajectory all
intensities and current densities varies harmonically as a function of ¢.
Consequently,

line on a cylinder of constant radius r, at which point moves so
that all the intensities and current densities therein varies
harmonically depending of ¢, is helical line.

Based on this assumption we can build the trajectory of the charge
motion according to the functions (10, 11).

Fig. 2. oA (TokPotok33.m)
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The Fig. 2 shows three spiral lines forA@ = Az, described by
functions (10, 11) of the current: the thick line for ¢ =2, y =0.8, the
average line for a=05, y=2 and a thin line for
s =2, ¥y =1.6.

In Appendix 1 it is shown that the functions satisfy the following
equations:

Jp(r) = khe, 7, r) 25)
) 1/, "

5= (o) +r-7,(). 6)
jr)=r j,p(r)f : @
h(r)=0, 28)
h,(r) =4, () 7, (29)
h(r)=—j,(r)/ 1. (30)

600

400 “‘_‘-‘IIIIIII| -........

200 e Sl ‘."

= 0
-200
-400 \\
~—

-600
0 0.01 0.02 0.03 004 005 0.06 0.07 008 0.09 0.1

(r) Fig. 3 (forFig13nowTest, mode=23)

Function (25) has a variety of options defined by constantsb, z, .

Functions j,(r), J, (r) are presented in Figure 3 by continuous and

dashed lines, respectively. It is important to notice that in the graph of
function j, (r) there is a point where j, (F)IO. Location of this point

r = R when modeling depends on selection of patametets y, a, b, z,
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(these parameters are specified in Example 3.1 below). Physically, this

means that in the area ¥ <R there are radial currents J A\ directed
outward from the center. There are no currentsJ, (r)in pointr =R .

Therefore, the value R is the radius of wire.

x 10*

500

£ o
10 -1000 2

0 005 01 0.05 0.1 0 005 0.1

x 10*
1 2000 1
N 0 N 1000 / N 0 .

A 0 A

0 005 01 0 005 0.1 0 005 0.1

Fig.3.1. (fig-5-3-1.m)

-50 50 (forFigaz.m) 50 50 Fig. 32

81



Chapter 5. Solution for Wire with Constant Current

Example 1. On Fig. 3.1 the graphs of functions
J.(r)s J,(r), j.(r), h.(r), h,(r), h.(r) are shown. These functions are
calculated with given a=1.5, y =50, z, =-30, b =850 and wire
radius R =0.1 (parameters z,, b are required for calculation of function
(25) — see Appendix 2). The first column shows functions
J.(r)s j,(r), j.(r), the second - functions #4,(r), h,(r), h.(r), and

the functions shown in the third column will be discussed latet.
Fig. 3.2 illustrates functions (12-14), when z =const. The fourth
window shows function

J.(r,p), if J.(r,p) >0,
Jp.(r,p)= {

0, if J.(r,9) <O0.

Let's determine current density in the wire of radius R:

J. = ﬂl{z g[Jz]dr-da (1)

Taking into account (14), we find

w1 oeer o Lt o
T (0o Jeanlr o
r.e
Taking into account (11), we find
R
J_z = ! 5 jjz (r{cos@aﬂ +2—wz) - cos(z—w z))dr : (33)
ank” c c

From here it follows that total current J_ is changed depending on z
coordinate. However, total given current with density J, remains

constant.

3. Energy Flows
The density of electromagnetic flow is Pointing vector
S=ExH. )
The currents are being corresponded by eponymous electrical intensities,
Le.

E=p-J, @
where P is electrical resistivity. Combining (1, 2), we get:
Sz,a]tzﬁJxB. 3)
u
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Magnetic Lorentz force, acting on all the charges of the conductor
per unit volume - the bulk density of magnetic Lorentz forces is equal to

F=JxB. )
From (3, 4), we find:
F=uS/p. 5)

Therefore, in wire with constant current magnetic Lorentz force density
is proportional to Poynting vectot.

Example 1 To examine the dimension checking of the quantities
in the above formulas - see Table 1 in system SI.

Table 1
Parameter Dimension

Energy flux density S kg s™3
Cutrent density J A'm™?
Induction B kg's™2-A
Bulk density of magnetic Lorentz | F N-'m3=kg s> m?
forces
Permeability 7 kg s 2:m- A2
Resistivity 2 kg s 3m3 A2
H/p plp | 5™

So, current with density J and magnetic field is generated energy
flux with density S, which is identical with the magnetic Lorentz force
density F' - see (5). This Lorentz force acts on the charges moving in a
current J , in a direction perpendicular to this current. So, it's fair to say
that the Poynting vector produces an emf in the conductor. Another
aspects of this problem are considered in work [19], where this emf is
called the fourth type of electromagnetic induction.

In cylindrical coordinates 7, ¢, z the density flow of

electromagnetic energy has three components S,, S,, S., directed along
BAOAB the axis accordingly.
3.1. In each point of a cylinder surface there are two
electromagnetic fluxes directed radially to the center with densities
Srlzp‘](sz’ SrZZ_NzH(p (6)
- see Fig. 5. Total radially-directed flux density in each point of the
cylinder surface,

S,=8,+8,,=pV,H.~J.H,) 0
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Fig. 5.

3.2. In each point of a cylinder surface there are two
electromagnetic fluxes directed vertically with densities

Szlz_ﬁ](pHr’ SZZZNrH(p (8)
- see Fig. 6. Total vertically-directed flux density in each point of the
cylinder surface,

Sz:Szl‘l'Szz:p(JrH(p_J(pHr) ©)

Fig. 6.

3.3. In each point of a cylinder surface there are two
electromagnetic fluxes circumferentially directed with densities

Swlzﬂ]zHr’ S¢J2:_p]er9 (1())

- see Fig. 7. Total circumferentially directed flux density in each point of
the cylinder surface,

S¢:S¢1+S¢2:p(JzHr_‘]er) (1l>
92 ol
N& o
N "

Fig. 7.
In view of the above, we can write the equation for
electromagnetic flux density in a direct current wire:
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S, JH (. +J,\H,+H,,
S=|S,|=pUxH)=p|J.H ~J,H, +JH, -
S, J.H,~J,H +JH,

Additional components in (12) appears due to the fact that energy fluxes
are influenced by current density J, and intensity

H,,=J,r 13)
- see (2.4). We substitute (13) into (12):
S, JH ~(. +J NH, +J,r
S: S‘/’ :p(JXH):p ']zHr _JI‘HZ +']0Hr ’ (14)
S, JH,~J,H, +J.Jr

Formula evaluation is very cumbersome and goes beyond the scope of
this book. From this formula, we will select only a part of the form

S, JH,-J H,
S=|S,|=pUxH)=p|J.H, —J H, | (15)
S, J.H,~J,H,
We denote by:
$.0)| [Goh.—J.h,
S,0)|=| Gk =) | (16)

s0)] LG -7
In Fig. 3.1 in right-hand column shows the functions (10).

Srr

Szr

0 0
50 50 (forFig32.m) =0 50 Fig 33
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It follows from (2.12-2.17, 15, 106) that

S, S_,(r) si’

S= S, sz.J.J. S_(p(r)-si-co dr-dep-dz. (17)
S. " S () si-co

In Fig. 3.3 shows the functions (17) with z = const. The fourth window
shows the function

Sp.(r,p)= {

S.(r,@), if S.(r,¢) >0,
0, if S,(r,)<0.

So, fluxes (23) circulate in the wire. They are internal fluxes. They
are produced by currents and magnetic intensities created by these
currents. In turn, these fluxes act on currents as Lorenty, forces. In this case total

energy of these fluxes is partially spent on thermal losses, but mainly goes
to load.

4. Speed of energy motion

Let us consider the speed of energy motion in a constant current
wire. Just as in Chapter 1, we will use the concept of Umov [81],
according to which the energy flux density s is a product of the energy

density w and the velocity v, of energy movement:
S=wev,. (1)
We will only consider the flow of energy along the wire. This flux
is equal to the power P transmitted over the wire to the load:

s =P/nR?, @
where R is the radius of the wire. The internal energy of the wire is the
energy of the magnetic field of the main current /. This energy is

LLI

W == v
where L is the length of the wire, L, the inductance of a unit of the wire
length, and [83]

[~ L )
2r
Wire volume
V=Ln-R*. (5
From (3-5), we find the energy density in the wire
W, _ LI,
YT T am ©
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From (1, 2, 6) we find the velocity of the energy motion

s P LI} 2P
V(p = — = 2 ) = ) . (7)
w 7R 27R LI
Load resistance
P
Ru=1s ®)
Consequently,
2R

1

1
For example, if R=10" and R, =1, we have: In—=7,
r

L~ &lnl ~7-107, v,=3-10°. This speed is much less than the
T r
speed of light in a vacuum. With this speed, energy flows into the wire
and out of it flows into the load. We do not take into account the energy
of heat losses, since it is not transferred to the load.
When the load is switched on, the current in the wire increases
according to the function

U t
I =—|1-exp| -2 ||, 10
° RH( exp( Tjj i

where is the input voltage and

r=tl Q)
RH
From (9, 10) we find:

g 2P _2U _2ujuf [_t) _2R (—tj 12)
© LI* LI, L/ R P e L P7))

Thus, the speed of energy moving in the transient process decreases from
infinity (the speed of light in a vacuum) to the value (9).

Let's consider still speed of movement of energy from the

accumulator.

The characteristics of the "average battery" are presented below
[92]:

Em - battery capacity 60 Ah

P is the density of the electrolyte 1250 kg / m ~ 3

G - weight of electrolyte 1.5kg

V = G/p is the volume of the electrolyte  0.0012 m ™ 3

R - load resistance 0.047 Ohm

U - voltage on the load 128V

87



Chapter 5. Solution for Wire with Constant Current

I - load current (starting) 270 A

P=U*I=U"2/R-load power 3456 W

W = 3600 * Em * U - energy of the condenser
(electrolyte) 2764800]

w =W / Vis the energy density 23*1079J\m"3

S =P - energy flow 3456 W

b - wire cross-section 100 mm " 2

s =S8/ (b*10" -6) - energy flux density 3.5* 10" 7 Wt

v, = %— speed of energy movement 100m /s
c is the speed of light 30010~ 6m /s

Thus, the speed of energy movement on the wire from the battery
is much less than the speed of light.

4. Discussion

So, the complete solution of Maxwell's Equations for a wire with
direct current consists of two parts:

1) known equation (3.13) in the following form: H,, =J, r, and

2) equations (2.10-2.17, 2.25-2.30) obtained above.

The energy flow along the wire's axis S, is created by the currents
and intensities directed along the radius and the circles. This energy flow
is equal to the power released in the load R, and in the wire resistance.
The currents flowing along the radius and the circle are also creating heat
losses. Their powers are equal to the energy flowsS,, S, directed along

radius and circle.

The question of the way by in which the electromagnetic energy
creates current is considered in [19]. There it is shown that there exists a
fourth electromagnetic induction created by a change in electromagnetic
energy flow. Further we must find the dependence of emf of this
induction from the electromagnetic flow density and from the wire
parameters. There is a well-known experiment which can provide
evidence for existence of this type of induction [17].

It is shown that direct current has a complex structure and extends
inside the wire along a helical trajectory. In the case of constant current
the density of helical trajectory decreases with the decrease of the
remaining load resistance. There are two components of the current. The
density of the first component J, is permanent of the whole wire section.

The density of the second component is changing along the wire section
so that the current is spreading n a spiral. In cylindrical coordinates
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r, @, zthis second component has coordinates J,, J,, J.. They can

be found as the solution of Maxwell equations.

With invariable density of the main current in a wire the power
transmitted by it depends on the structure parameters (&, ) which
influence the density of the turns of helical trajectory. Thus, the same
current in a wire can transmit various values of power (depending on the
load).

Let us again look at the Fig 1. On segment AB the wire transmits
the load energy P. It is corresponded by a certain values of (&, y) and
the density of coils of the current's helical path. On the segment CD the
wire transmits only small amount of energy. It corresponds to small value
of y and small density of the coils of current's helical path.

Naturally, the resistivity of the wire itself is also a load. Thus, as the
current flows within the wire, the helix of the current's path straightens.

Thus, it is shown that there exists such a solution of Maxwell
equations for a wire with constant current which corresponds to the idea of

e Jaw of energy preservation

e helical path of constant current in the wire,

e cnergy transmission along and inside the wire,

e the dependence of helical path density on the transmitted

strength.

Appendix 1

Let us consider the solution of equations (2.5-2.9) in the form of
(2.12-2.17). Further the derivatives of r will be designated by strokes. We
rewrite the equations (2.5-2.9) in the form

j"()+ ()+]“’()a+z J.(7) =0, m
h(r) + 0 )+ 2 f, a+;( h(r)=0, ©
; ch (R —h,(r x =j,() 3)
—h, () —h.(r) = j, (1), @
h

() + B (r) + ()a Jj.(r) =0, )
%'jz(r)a—j(p(r))(:(): ©
—j, (- ji(r)=0, ™

89



Chapter 5. Solution for Wire with Constant Current

]w( r) Jr() ®

First, we will solve the group of 4 equations (1, 6, 7, 8) with respect to 3

+ Jo (1) + ===

unknown functions j (r) From (6) we find:

S =%rj (), an
a

=2 Gy ) 12
From (7, 12) we find:

- ——(/ (r)+r- J,,,(V))—
or

jw( )+ o(r )+J’(r)a 0. (13)
However, equatlon (13) is the same as (8). Consequently, equation (7) can
be excluded from the system of equations (1, 6, 7, 8). The solution of the

system of equations (1, 6, 8) is given in Appendix 2 and has the form of
the function defined therein

Jo,(r) = kh(a, 7, r). (14)
From (6, 8) we find:
GETRGES (15)
o
. e y
5=~ G+ rjy() (16)

Having functions ](r) known we solve the system of 4 equations (2-5)

with respect to 3 unknown functions h(r). From (3, 4) we find:

h,(r) = 1[9 “h(r) -, (r)} (17)
;( r

1
h.(r)= 7(@ (M +h(r)). (18)
Let us use (17, 18) in (2). So we will find
-1 1 aa
— (i H+ENO)-—G O+ )= =-h)-j(r)|=0
po (LG RLLAC) el GAGRR ))+r;((r () J,()j
or
[“— LXORVIOR rh!(r)j e O ) +r0)=0. (19

We substitute (17, 18) into (5). Then we find
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& no-5 @) Ero-Lne- i)
r x\r r

ry
—%(w)m;(r)}jz(r):o
%(1—%)-hz(r)—(jr(r)+r'j,’,(r)+a~j¢(r)+;(-r~jz(r))= 0. (o)

The right sides (in parentheses) in equations (19) and (20) are zero, since
they coincide with equations (8) and (1), respectively. Consequently,
equations (19) and (20) are simultaneously equal to zero only if

h(r)=0. 1)
Thus the required functions j,(r), j,(r), j.(r), h.(r), h(r), h.(r) shall
be determined by (14, 16, 15, 18, 17, 21), respectively.

Appendix 2.
Let us consider equations (1, 6, 8) from Appendix 1 and enumerate
them:

L0, ()+’f)a+zf(r) 0, 0
%-jz(r)a—j(,,(r)z ~o, e
—j‘”(r)+j(’p(r)+j"—(r)-a— )
r r
From (1, 2) we find:
. 2
J’Tm+1,( )+aj“’() —%r-jg,(r) ©)
From (3) we find:
1 ,
5O)= Gy )+ () G
1
)= —;(21;,(r)+ rjn(r). ©)

From (4-6) we find:
—l(J(p(r)+J};(”)]—i(2j¢(’”)+’” J(/,(V))'Faj(p() Ly, 0)
(04 r (04

Simplifying (7) we obtain:
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—(’ 0, j;,mJ -y )+ gy e’ JT() =2, ().

N e , .

J¢(V)[ X FJ—3J¢,(")—"'J¢,(F)=0 ®
or

Joe? =V 2707 )30 () =13 ) =0. 0
This equation can be replaced by two others:

(@ = 1)) =3r-y' (") =ry"(r) =0. (10)

2’ r’z(r)=3r-Z'(r)-r’z"(r)=0. 11

where

Jp(r)=y(r)+z(r). (12)
Equation (4) has a solution of the form

y(r)y=b-re, (13)

where b — some constant. Actually when using (13) in (12) we obtain:

@ =1p-r" =3r-bla -1y —r*bla—1\a -2)*> =0
@ -1)-3@-1)-(@-1)a-2)=0

(@+1)-3-(2-2)=0
or 0=0, which is what had to be proved. Equation (11) does not have an
analytical solution. Let's consider a numerical solution of this equation
having transformed it to the following form

or

or

()= 72 -22(r) 14

The solution of equatiofl (6) we will write as the following function
J},,(F)Zkh(a, 2 7) (15)
j;(r) = khl(a, Z r] (16)
jr(rn=kn2e, z, r) 17

Example 1. Let us findz(7) as a solution of equation (14) at
2 =-50 on radius R=0.1 and at initial value of z, =z(0)=30 and
then calculate function (13) ata =1.5, b =-2400. Functions y, z and

total function j, = (Z + y) depending on 7 are presented in Figure 1 - see
(12).
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400 » \
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0 0.01 0.02 0.03 0.04 005 0.06 0.07 0.08 0.09 0.1
(r) Fig.1 (forFig13nowTest, mode=13)
Example 2. Functions j,, j,, j, (continuous lines) depending

on r, as well as their approximations (dotted lines) by polynomials of
3rd, 5th and 6th degrees, respectively are presented in Figure 2 upon the
same conditions.

0
\
""O-o..,‘
'-0-".._‘
= -500 : -
-1000
0 0.01 0.02 0.03 004 0.05 0.06 0.07 0.08 0.09 0.1
x 10°
5
£ 0 2
-5
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1
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(r) Fig. 2 (forFig13nowTest, mode=14)
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Chapter 5a. Milroy Engine
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1. Introduction

The Milroy Engine (ME) [67] is well known. In "youtube" you can
view experiments with ME [68-73]. There are attempts to theoretically
explain the functioning of ME [74-77, 80]. In [80] the functioning of this
engine is explained by the action of non-potential lateral Lorentz forces.
In [74] the functioning of this engine is explained by the interaction of
magnetic flow created by current spiral I in the shaft and modulated
variable reluctance of the gap between the holders of the bearing with the
currents inducted in the inner holder of the bearing. Without discussing
the wvalidity of these theories, it should be noted that they were not
brought to the stage when they could be used to calculate ME technical
parameters. But such calculations are necessary before mass production
begins.

The photographs at the end of the chapter show the various ME
constructions. Conductive shaft with flywheels can rotate in two
bearings. Through the outer rings of the bearing and through the shaft an
electric current is passed. The shift begins to spin up to any side after the
first jot.

Along with a very simple design, ME has two considerable
disadvantages:

1. Low efficiency

2. Initial acceleration of ME with other engine / motor (in the

process ME continues rotation in the direction it was jerked for
starting and increases the speed).
It should be noted that the latter disadvantage often has no importance.
For example, ME installed on a bicycle could be accelerated by the
bicyclist.
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Chapter 5a. Milroy Engine

The engine ME presented by English physicist R. Milroy in the
year 1967 [67]. V.V. Kosyrev, V.D. Ryabkov and N.N. Velman before
Milroy in 1963 presented an engine of different construction [82]. Their
engine differs fundamentally from the Milroy engine by the absence of
one of bearings. The conductive shaft is pressed into the inner ring of the
horizontal bearing. So the shaft is hanging on the bearing. The electrical
circuit is closed through the outer ring of the bearing and the brush
touching the lower face of the shaft. The authors see the cause of
rotation in the fact that the shaft "rotates as a result of elastic
deformation of the engine's parts when they are heated by electric current
flowing through them".

Finally, often the functioning of this engine is explained by the
Hoovert's effect [77, 84].

Below we are giving another explanation of this engine's operating
principle. We show that inside the conductor with current there appears
a torque. It seems to the author that the Kosyrev's engine cannot be
explained in another way.

2. Mathematical model
In Chapter 5, we considered solutions of Maxwell equations for
wire with direct current with densityJ,_. The density of this current is the

same over the entire section of the wire. Maxwell equations in this case
have the following form:

rot(J)=0, (a)
rot(H)-J =0, ®)
div(J)=0, ©
div(H)=0, d

and current density J,_ is not included in equations (a, d) since all

derivatives of this current are equal to zero.

It was shown that the complete solution of Maxwell equations in
this case consists of two parts:

1) known equation of the form

H,,=J,r, )
2) equations of the form (5.2.10-5.2.17) and (5.2.25-5.2.30)
obtained in Chapter 5; these equations combine magnetic
intensities and current densities with known constants (&, )

and wire radius R.
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The currents and intensities determined by these equations are
formally independent of the given currentJ . However, they define the

flow of energy transmitted through the wire, i.e. that capacity which is
produced by load current.

Below we consider the case when there is DC current directed
along the circumference, ring current. For example, the coil of the
solenoid can be represented as a solid ring cylinder with direct current
around its circumference. We denote the density of this given current as
J,,- Just as in the case of the given currentJ,, the complete solution of

Maxwell equations (a-d) in this case consists of two parts:
1) known equation of the form

OoH
_ =
or ”

2) equations (5.2.10-5.2.17) and (5.2.25-5.2.30).

17

Let us consider the source of currentJ, o If there is no rotation of

the rod, the direct current with density J , flows through it. Free electrons

of this current move with some velocity along the rod. When the rod
rotates, free electrons of this current also acquire the circumferential
velocity. Thus, there is so called convection current, which is the current

with densityJ,,,. Aikhenvald has shown [86] that the convection current

creates also the magnetic intensity. Therefore, the current with density

J,, creates the magnetic intensity (17).

Thus, the charges with density ¢ and velocity v (velocity of electrons in

the wire) move along the wite in the current J,, where

J,=qv. (18)
If the rod rotates with angular rotation @, then
Jp=qa-r (19)

or, with consideration of (4),
J,(r)=J,o-r/v. (20)
Consequently, in the rotating rod of the Milroy engine the direct
convection current with density (20) flows along the wire circumference
together with axial currentJ .

Further, it will be shown that the solution of equations (1-16)
implies the existence of driving moment Min the rod. This driving
moment increases the rotation speed, thereby increasing the convection
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currentJ, . Balance occurs when the specified driving moment and the

braking moment on the engine shaft are equal (at given currentJ, ). This

phenomenon is analogous to the fact that the currents flowing along the
wire, under the influence of Ampere force, shift the wire as a whole (in
ordinary electric motors).

3. Electromagnetic fluxes, forces, and driving

moment

Section 3 of Chapter 5 shows that the electromagnetic flux density
and Lorentz magnetic force density in DC wire are connected by the
following relationships:

S=ExH, 1)
S:,a]xH:BJxB, 3)
7
F=JxB, ©)
F=uS/p, ©)
where p, - electrical resistivity and magnetic permeability.

Consequently, in a wire with direct current the density of Lorentz
magnetic force is proportional to Poynting vector.

In cylindrical coordinates, the densities of these flows of energy by
coordinates are expressed by the formula of the form — see (5.3.12):

S, JH.—(J.+J,\H, +H,,
S=|8,|=p(UxH)=p J.H -JH, +J,H, : ©)
S. J,H,-J,H, +JH,

For Milroy engine, this formula is amended due to valuesH ,, J,

and takes the following form:

S G, +J, JH. +H, ). +J,NH,+H,,
S=|S,|=pUxH)=p|(.+J,)H,~J.(H +H,) - ()
5 210,
According to (5) we can find Lorentz forces acting on volume unit,
F, S,
F=|F, =% S, | ®)
F, S,
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Here, in patticular, £, is the rotational force acting on the shaft in the

volume unit of layer with radius 7. Therefore, density of driving moment
acting on the shaft in the layer with radius ris equal to:

M(F)ZI”'F(D. ©)
From (2.17, 2.20) we can find:
Jor
2y
From (7, 8) we can find:

Sqa:p[(Jz+J())Hr_Jr(Hz+Hzo)]’ (11>

y7;
F(/J:;Sga:lu[(‘]z_'_‘]o)Hr_Jr(Hz-i_qu)]' (12>

(10)

From (9, 12) we can find:
M(l") = V'F(p = /ur[(']z +J0)Hr _']r(Hz +}]zo)]
or, with consideration of (10),

2
M@)=u-r (JZ+J0)H,—JF[HZ+J"620 ! H (13)

v

In Chapter 5 it is shown that H_=0.Then
J.J,
M(r)z,ur(J +J)H, — a)r} (14)

In addition, (JZ << J, ) Then finally, we obtain density of driving

moment acting on the shaft in the layer with radius 7,

2
M(r):,u-r-J{Hr—er.r } (15)
2v

We remind from Chapter 5 that

J,. ==, (rJeos(ap+ x2), (16)

H, .=-h (r)cos(aqp + y2). 17)
Combining (15-17) we obtain:

M) =pu-J m(r)-cos(ap+ yz), (18)
where

3

_J(na-r
BT h.(r)r.

Example. Chapter 5 contains Example 1 for calculation of values

j.(r) and h.(r) at given a=1.5, y=-50, z, =30, b =-2400 and

19)
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wire radius R = 0.1. Let us use the results of this example for calculation
of value (19). Figure 1 shows functions of values j (r), h.(r) and m_ (r)

w
at — =100.
2v
500
— \
= 0
-500
0.01 0.02 0.03 0.04 0.05 0.06 0.07 008 0.09 0.1
0
5 '\
E i —
-10
-15 i
0 0.01 0.02 0.03 0.04 0.05 0.06 0.07 008 0.0 0.1
20 T T T
[10) U S S S S S o S SRR S N J
€
0}
-10 I i i
0 0.01 0.02 0.03 0.04 0.05 006 0.07 008 0.09 0.1

Fig. 1 (fig-5-3-1.m)

Total driving moment is determined as integral of equation of the
form

M= W, Iﬂ[m(r)cos(a¢ + ;(Z)]ir de-dz =

e,z

- O[Im(r)dr]( ! j cos(ap + xz)- dgo-dz].

These formulas help to perform mechanical calculation of Milroy
engine.

(20)

4. An Additional Experiment

We may propose an experiment in which the previously suggested
explanations of the reasons for the rotation of Milroy engine are not
acceptable (in the author's view). We should give the opportunity to a rod
with current to rotate freely. This can be realized in the following way —
see Fig. 2. A copper roll with pointed ends is clamped between two
carbon brushes so that it could rotate. The carbon brushes are needed in
order that the contacts would not be welded at strong currents. In
accordance with the theory contained in this paper, in such a structure
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the shaft must rotate. This will permit to refrain from the consideration
of several hypothesis for the explanation of Milroy engine functioning.

carbon
+ carbon

copperroll -
brushes brushes
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Fig. 2.

5. About the Law of Impulse Conservation

We need to pay attention to the fact that in the Milroy engine the
Law of mechanical impulse conservation is cleatly violated. This is due to
the fact that in the rod there exist an electromagnetic impulse with a flow
of electromagnetic energy. And this once more confirms that the torque
exists inside the wire.

Photos

bearing iron flywheel

metal axle

electrical contact

__#
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Chapter 6. Single-Wire Energy

Emission and Transmission

Contents
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2. Single-Wire Transmission of Energy \ 104
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1. Wire Emission

Once again (as in Chapter 2), we deal with an AC low-resistance
wire. It incurs radiation loss, though loses no heat. Emission comes from
the side surface of the wire. Vector of emission energy flux density is

directed along the wire radius and has S value, see 2.4.4 — 2.4.6 in
Chapter 2. So,

S_,=77”[9,, -siz]ir'd(p, 1)
r.e

where
s, = (e(phz - ezh{/,) @
or, with regard to formulas given in the Table 1 of Chapter 2,

2
s, =—e (R)h,(R) = _24R ﬁe{i (R)=- 24 2R \/ERM_2 )
a \\u a Y7

where R means a wire radius. In addition, consider formula (see (32) in
the Appendix 1 of Chapter 2).

Z=i§1/€ HAR ;(=sign(;()-%1/g,u ,mae sign(y) ==1. @)

Thus, we obtain:

s, =—sign(y)- 24 we R, (5)
From (1,5) we obtain:
S_r =—sign(y)- 24 we RZ‘HUJ. si*dp =—sign(y)- 2A;cw8 R*'nr.
With additional (1.4.2), we ﬁnall; obtain:
S, =—sign(y)- A8 g ©)
2a
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Obviously, the value must be positive, as emission does exist. By
the way, this fact disproves a well-known theory of an energy flux
propagating bevond the wire and entering it from the outside.

As value (6) is positive, condition

—sign(y)-sign(a) =1, @)
must assert, i.e. values y, @ must be of opposite sign. In this

connection, for later use we take formula of the type
—  4?
S - os
%o
The formula calculates the amount of energy flux emitted by the wire of
unit length. Correlate this formula with the one (2.4.15) for the density of
energy flux flowing along the wire:

T Aeyfe/u(l- cos(4a7z))R2a71
i 87aQa 1) '
Consequently,
S, _4nQa-Dpau
=== .
S.  c-(1-cos(dar))
So, the wire emits a portion of a longitudinal energy flux of
S, =¢-S.. an

Let energy flux is S_zo in the beginning of wire. Energy flux the

R** ®)

©)

(10)

wire emits along the L length, can be obtained from the following
formula

5,=8,0-¢). (12
Energy flux remaining in the wire

— — = = \

SzL :Sza_SrL :Szoﬁ_(l_él)L)' (13)
Thus, we can calculate the length of wire where the flux remains

S,=8-S,. (14)

The length can be found from the expression

B=0-(-¢Y )

L=In(-8)In(1-¢). (15)
Example 1. With =12, ¢=1, u=1, we obtain { ~10w/c. If
®=3-10° so will £ ~3-10-10°/3-10" =10, The length of wire that
keeps 1% of initial flux makes

L=1In(1-0.01)In(1-¢ )~ 9950 sm.

ie.
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2. Single-Wire Transmission of Energy

A body of convincing experiments show the transmission of
energy along one wire.

1. [29] analyses a transmitting antenna of long wire type that finds
its use in amateur short-wave communication. The author says the
antenna has “an adequate circular pattern that allows the communication to be
established almost in all directions”, whereas in the direction of wire axis “a
considerable amplification develops and grows as antenna length increases... As the
length of the increases, the main lobe of the pattern tends to approach antenna axis as
close as possible. In the process, emission directed towards the main lobe gets stronger”.
Both from the fact that long wire emits in all directions and from the
previous part it follows that energy flux flows along the wire. It is
significant that energy flux exists without any external electrical voltage at
the wire tips.

Puc. 1.

2. S.V. Avramenko’s long-known experiment in single-wire
transmission of electrical energy, also named Avramenko’s fork. First, it
was described in [30] and then in [31] -see Fig.1. [30] reported that the
experimental arrangement included a generator 2 up to 100 kWt of
power to generate 8 kHz voltage that went to Tesla’s transformer. One
tip of the secondary winding was loose, while the other end connected
Avramenko’s fork. Avramenko’s fork was a closed circuit that included
two series diodes 3 and 4 , whose common point was connected to the
wire 1, and a load, with capacitor 5 connected in parallel to it. Several
incandescent lamps — resistance 6 (alternative 1) or discharger (alternative
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2) formed the load. Open circuit allowed Avramenko to transmit about
1300 Wt of power between the generator and the load. Electrical bulbs
glowed brightly. Wire current was very weak, and a thin tungsten wire in
the line 1 did not even run hot. That was the main reason why the
findings of the Avramenko’s experiment were difficult to explain.

On the one hand, the structure offers quite an attractive method of
electrical energy transmission, whereas, on the other hand, it apparently
violates laws of electrical engineering. Since then, many authors
experimented with that structure and offered theories to explain
phenomena observed — see e.g. [32-34]. However, no theory has been
universally accepted. the wire tips. Here also energy flux exists without
any external electrical voltage at the wire tips.

3. Laser beam should also be included in this list. Laser obviously
directs energy flux into the laser beam. The energy, that may be rather
considerable, incurs almost no loss when transmitted along the laser
beam and, on its exit, is converted into the heat energy.

4. Known are experiments by Kosinov [35] that showed the
glowing of the burned incandescent lamps. It was reported that
“incandescent lamps burned most often in more than two places, with not only spiral,
but current conductors of the lamp burning. With the first circuit break took place,
over some time lamps light was even brighter than one produced before burning. The
lamps kept glowing until burning of the next portion of the circuit. In this experiment,
inner circuit of one lamp burned in as many as four places! Spiral burned in two
Pplaces, as well as both lead electrodes in the lamp. The lamp went off no sooner than
the fourth leg of the circuit burned, i.e. the electrode where the spiral is attached’.
Here, too, energy flux exists with no external electrical voltage at the wire
tips. It is significant that burned lamp consumes even more power
sufficient to burn the next leg of the spiral.

5. There is an experiment known for charging a capacitor through
the Avramenko’s plug [66]. In this experiment, the circuit diagram shown
in Figure 1 above is used but there is no resistor 6. The author of the
experiment notes that the capacitor is charged from zero through the
Avramenko’s plug slowly (3 volts per 2 hours) but faster than without
this plug (charge without plug is the charge of the capacitor together with
the capacitance between the ground and one of the capacitor plates).
Increasing the length of the wire up to 30 m does not affect the result.
This experiment indicates that direct current of the charge flows along
one wire.
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Consideration of equation for the electromagnetic wave in the wire
cannot reveal physical nature of the wave existence: any component of
intensity, current and density of energy flux can be seen as an exposure
governing all the rest. A longitudinal electrical intensity is accepted to be
such an exposure. Facts reported earlier testify possible exceptions, e.g.
when exposure is an energy flux at the wire inlet. In [19, 17] show that
energy flux can be viewed as fourth electromagnetic induction.

Thus, inlet energy flux propagates along the wire, and, (almost with
no loss, see pp. 2, 3, 4 above) reaches its distant end. Current can
propagate alongside with the energy flux. Yet, this correlation does not
need to be (see pp. 2, 3 above). It is significant output energy flux can be
rather considerable and make a part of the load. The lack of energy flux —
to-current correlation was approached and explained in the Section 2.5.

3. Experiments Review
Return to "long-wire" antenna. It emits in all directions. As is

obvious from the Section 1, §, energy flux emitted makes a part of a

longitudinal §, energy flux, see (1.11). Their coefficient of

V4

proportionality ¢ relies, in its turn, on frequency @- see Example 1.
Because of this, reduction of frequency @ drops emission of energy flux

S..

”

Section 2.5. considered and correlated currents and energy fluxes in
the wire. It showed that, generally, currents and energy fluxes inside the
wire exist as "jets" of opposite direction. This fits with the existence of

active and re-active energy fluxes.

Sminus Fig.9. (SSMB)
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Formation of such "jets" may be assumed in the “long wire”. If
“long wire” emits all the incoming energy, then one of the fluxes (active
power flux) prevails, and the generator wastes its energy to support it. If
“long wire” does NOT emit, energy flux flowing in one direction returns
the opposite way, the generator SAVES the energy (re-active power flux
circulates), and no current forms in the wire. Clearly, there are some
intermediate cases when “long wire” emits only a part of energy it
receives.

With some combinations of parameters, total currents in opposing
jets have are equal in absolute value, and, as well as total energy fluxes of
opposing jets. For the sake of reader’s convenience, Fig.9 from the
Section 4 is replicated above. It shows the functions of the opposing jets:

Splus - energy flux jet directed from the energy source;

Sminus - energy flux jet directed to the energy flux;
For illustration, functions plots are shown with the opposite sign. They
obey the following relationships between integrals of sectional area, Q, of
the wire:

jSplus dQ = —j Sminus-dQ,
0 0
ijlus dQ = —I Jminus - dQ.
0 0

As follows from experiments (paccmorpeHHBIX above), currents
and jets can complete at the broken wire — see Fig.3, where 1 means a
wire, 2 means a direct “jet”, 3 means a reverse “jet”, and 4 means a
closing circuit. In this case, there arises the question of the nature of
electromotive force that makes the current to overcome the spark gap.
[19, 17] show that energy flux can be viewed as fourth electromagnetic

induction.

Puc. 3.
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Prominent experiments by Kosinov [35] evidently prove the
hypothesis offered: the arch that forms at the broken spiral is to have a
beginning and an end. Electromotive force should be applied between
them. When expanding arch reaches the next leg of the spiral, this leg,
together with connecting arch, joins a long line etc. Kosinov observed as
many as eight such legs.

Avramenko’s fork is a circuit that includes two series diodes and a
load — see Fig.1. The circuit forms the arch shown in Fig.3. An air gap of
discharger 7 can serve as a load, an equivalent of arch from Kosinov’s
experiments. Resistor 6 — energy receiver in single-wire energy
transmission system — can, too, serve as a load. Wire 1 of this structure
can be identified with “long wire”. In this case (at low frequency of 8
kHz) the wire 1 does not emit. Consequently, it carries two opposing
energy fluxes but no current.

Which means single-wire energy transmission follows from
Maxwell’s equations without any contradiction.
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Chapter 7. Solution of Maxwell's
equations for a capacitor in constant
circuit. Nature of potential energy of

capacitot.

Contents
1. Introduction \ 109
2. System of Equation Solution \ 110
3. Intensities and Energy Flows \ 114
4. Discussion \ 117

1. Introduction

The electromagnetic field of a capacitor in an alternative current
circuit is investigated in [1]. Below the electromagnetic field in a capacitor
being charged as well as the field existing in the charged capacitor are
examined.

We use the Maxwell equations in the GHS system of unit written
in the following form with ¢, g differing from 1:

rot(E )+ 'Zl aaH 0, (@)

rou(t)- 2% ~0, ®)
div(E)= 0@, ©
div(H)=0, (d)

where
H, E - are the current, the magnetic field strength, and the electric

field strength, respectively;

g, u - are the dielectric permeability and the magnetic permeability,
respectively,

O(t) - charge on capacitor plate, which appears and accumulates
during charging.
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This system of partial differential equations has a solution represented by
the sum of a particular solution of this system and a general solution of
the corresponding homogeneous system of equations. Homogeneous
system of equations can be written as follows:

rot(E )+ ﬁaa—[j =0, @

ror(tr)- 2% 0, @
div(E)=0, €
div(H)=0, Q)

ie. it differs from the system (a-d) by the absence of term Q().
Particular solution with given ¢ is a solution, which associates electric
intensity E_(t) between the capacitor plates with electric charge Q(¢). If

E_(t) varies with time, then a solution of the system of equations (1-4)

shall exist at given E_(¢) . Exactly this solution we're going to seek further

on.

Electromagnetic wave propagation in charging capacitor is
shown, and mathematical description of this wave is proved to be a
solution of Maxwell's equations (1-4). It was shown that a charged
capacitor accommodates a stationary flux of electromagnetic energy, and
the energy contained in the capacitor, which was considered to be
electric potential energy, is, indeed, electromagnetic energy stored in the
capacitor in the form of the stationary flux.

2. System of Equation Solution
Let us consider a solution to the Maxwell equations (1.1-1.4). In
the cylindrical coordinate system r, @, z these equations take the

form:

OE
Er+8Er+l. ;,,+8EZ:O’ 0
r or r Op Oz

OE
1 0B % _,dH, @
r op Oz dt

OE. OF. dH ,
- =V ) ©)
oz or dt

E, OE, 1 0E, dH.

—+ - =V ) )
r or r op dt

110



Chapter 7. Solution for a capacitor in constant circuit

H, o0H, 1 0H, oH.
+ +—- +

”

=0, ®)

r or r Op 0Oz

1 oH, O©OH dE
2. z _ 9 _ qg—r ()
r O0p Oz dt

OH, OH, dE,
- =q ) ™)
oz or dt

H, OH, 1 0OH, dE
+ T g ®)
r or r Op dt

where
v=—ulc, ©)
qg=¢fc, (10)
e E, E, E._ atethe electric intensities;

e H, H, H, arethe magnetic intensities.

The solution shall be found for non-zero intensity £ .

For brevity, the following abbreviated forms will be used below:
co=cos(ap+ yz), (1)
si=sin(ap+ yz), (12)

where @, y are constants. Let us write the unknown functions in the

following form:

H,.=h(r)o-(exp(wr)-1), (13)

H,.=h,(r)si-(exp(et) 1), (14)

H_.=h(r)si- (exp(a)t) - 1), (15)

E . =e, (r)si : (1 - exp(a)t)), (16)

E,=e,(r)co- (1 - exp(a)t)), (17)

E_.=e (r)co- (1 — exp(a)t)), (18)

where h(r), e(r)- some functions of coordinate r. Here, the bias
current is

J, = %Ez =-w-e_(r)co-exp(wr) (19)

Fig. 1 shows these variables as a function of time and their time
derivatives for @ =-300: H_ is shown with solid lines, £, with dashed
lines, and J_ with a dotted line. This provides good evidence that in the

system of equations (1-8) the amplitudes of all strength components
simultaneously approach a constant value and the current amplitude
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tends to zero with # = . These conditions correspond to the capacitor
charging via a fixed resistor.

! ! ! -l-llll..--.'.-.....- T
H uy
= e n88®®
g 05 ECE
A »i®
= [ 3d
= .
N 0
<
N 0.5 —
e — |

-1
0 0.001 0.002 0.003 0.004 0.005 0.006 0.007 0.008 0.009 0.01

400
AU RELER
= "Waay,
2 --u...-l..- Sawmn
< 0 NasammmswmmE
8 200 -]
-400

0 0.001 0.002 0.003 0.004 0.005 0.006 0.007 0.008 0.009 0.01
Fig.1. (SSMB6.1)

After the capacitor becomes charged, the current stops to flow.
However, as shown below, the stationary flow of electromagnetic energy

persists.
Direct substitution of functions (13-18) makes it possible to
transform the system of equations (1-8) with four arguments r, ¢, z, ¢

into a system of equations with one argument » and unknown functions
h(r), e(r). This system of equations has the form:

(AG) <>

+el(r-———a-y e (r)=0, =

—l-ez(r)a+e¢(r)l_ﬂ_h":0’ 22

7 C

o o HO

er (F)Z - ez (7") + Th(ﬂ = O’ (23>
() | ()& (r), a s’ o, @Y

r C
h(r) h()+ a+x h.(r)=0, (25)
Loha-hnz-22e =0, 0
7 C
bR+ e, =0 >
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h
() +h;(r)+‘hrr(r)'a+%ez(”) =0. @9

It is identical to the similar system of equations for a capacitor in
an alternative current circuit — see chapter 2. The solution of this system
is also identical to the solution obtained in chapter 2 and has the
following form:

e,(r)=khle, 7, r), (30)
1 :
er(V)ZE(%(V)JrF'eq,(F)), 31)
e.(r)=r-e (r)i (32)
z 7] a 4
EW 1
hy(r)====e, (r)—, (33)
h (r)_—e r)— (34)
X
h.(r)=0. (35)
where kh() is the function determined in chapter 2,
e’
q= (}( N (36)
cx
x 10° 4
0 x 10
5000 2
£ 05 \ 5 0 —/ a0 —W
A -5000 -2
0 , 005 0.1 0 005 0.1 0 005 0.1
x 10 -3
10 x 10
/ 2000 l 0
= :...| @ 1000 o
-5 0 -2
0 0.05 0.1 0 005 0.1 0 005 0.1
x 10°
1 2000 | 4 ]
N O N 1000 N2 4|
-1 0

0
0 005 0.1 0 005 0.1 0 005 0.1
Fig.1. (SSB6(3).m)

113



Chapter 7. Solution for a capacitor in constant circuit

Thus, the solution of the Maxwell equations for a capacitor being
charged and for a capacitor in a sinusoidal current circuit differs only in
that the former includes exponential functions of time and the latter
contains sinusoidal time-functions.

3. Intensities and Energy Flows
As in chapter 2, the density of energy flows along the coordinates
can be determined by the formula:

S, s, - si’
S = S_(p =77” s, si-co|dr-dg. 1)
S "N, si-co

z

where

s, = (ewhz - ezh(p)

S, = (ezhr - erhz), @
s, = (e,h(p - e(ﬂh,)
n=clar. ?3)

Let us consider functions (2) and e.(r), e,(r), e.(r),

h.(r), h,(r), h.(r). Fig. 2 shows, for example, these functions plotted
for A=1, a=5.5 u=1, ¢=2, y=50, ®=300. The conditions of

this example differ from conditions of a similar example in chapter 2 for
a capacitor in an alternative current circuit only in the value of parameter
o which is equal to @ =-300 in this paper (@ =300 in chapter 2). It is
evident that these functions differ only in sign.

It must be emphasized once again that these functions are not zero
at any time moment, i.e. after charging of the capacitor the electric and
magnetic intensities remain and take stationary, but non-zero values.

Only magnetic intensity H_(r)=0 permanently equals zero, and when
charging is completed, offset current interrupts.

The stationary electromagnetic energy flow is also retained. Its
existence does not contradict our physical understanding [3]. The
presence of this flow in a static system was studied by Feynman [13]. He
provides an example of an energy flow in a system consisting of an
electric charge and a permanent magnet which are fixed and closely

spaced.
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Other experiments [38] demonstrating this effect are also available.
Fig. 2 shows an electromagnet which retains its attractive force after the
current is switched off. Edward Leedskalnin is assumed to use such
electromagnets in constructing the famous Coral Castle, see Fig. 3 [38].
In these electromagnets (or solenoids), the electromagnetic energy in not
zero at the instant the current is switched off. This energy can be
dissipated by radiation and heat loss. However, if these factors are not
significant (at least at the initial phase), the electromagnetic energy must
be conserved. With electromagnetic oscillations, the electromagnetic
energy flow must be induced and propagate WITHIN the solenoid
structure. This flow can be interrupted by destructing the structure. In
this case, according to the energy conservation law, the work should be
done equal to the electromagnetic energy which dissipates on destruction
of the solenoid structure. This means that a "destructor" should
overcome a force. It is this fact that is demonstrated in the above-
specified experiments. Mathematical models of similar solenoid
structures based on the Maxwell equations are examined in [39]. The
conditions are identified which are to be met to maintain the
electromagnetic energy flow for an unlimited time period.

Puc. 2.

Thus, a stationary electromagnetic energy flow is formed in a
capacitor. Let us consider the structure of this flow in more details. From
(211, 212, 3.1) it follows that at each point in the dielectric the
components of energy flows can be determined using the formula:

S | |s,-si® s, -sin’(a@ + yz)
S=|S,|=|s,si-co|=|s, 0.5sinQ(ap+ 2))|. @
S, s, -si-co s, -0.5 sin(2(a(p+;(z))
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where, as it follows from (2.30-2.35, 3.2),

s, = (—ezhw):%%r-eq)(r)-er(r)

E®W
S, :(ezhr):i—r-e;(r) (5)
a yc

s, = (erh(p —e,h, ): _— (er2 (r)+ e(f, (r)]
xc

For example, let us consider a development of a cylinder with a
given radius 7. At the circle of this radius vector S always points in the

direction of a radius increase and oscillates in value as sin’(a@+ yz).

The total vector (Sq) +SZ) is always at an angle of arctg(sz / S(p) to the

radius line and its value oscillated as Sin(2(a(p+ ;(Z)) Fig. 4 shows the
vector field (Sq) +SZ) for a=1.35, y=50. Here, the horizontal line

and the vertical line correspond to coordinates @, z
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As before, in Chapters 1 and 5, we consider the speed of energy
moving. Umov's concept [81] is generally accepted, according to which
the energy flux density s is the product of the energy density w and the

speed v, of energy movement:

S=w-v,. (6)
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The energy of the capacitor

cu’
W = , 7
=5 0
and energy density
_W. 8
W, = ®)

where C,U,b,d - capacitance, capacitor voltage, plate area and dielectric
thickness, respectively.
When the capacitor is discharged to the resistor R, the energy flow
to the resistor is equal to the power released in the resistor, i.e.
U2
S=P=Ul=—. )
R
If the capacitor is connected to the load by the entire surface of the
plates, then the energy flux density

2
s=2 U (10)
b bR
Then the velocity of energy, determined by (8),
_i Uiz We_Uiz CUZ_Zd 11

" w bR/ bd bR/ 2bd CR

L.e. this speed does not depend on voltage! It can have a value that is
substantially less than the speed of light.

4. Discussion

It is demonstrated that an electromagnetic wave propagates
through a capacitor as it is being charged, and the mathematical
description of this wave is a solution of the Maxwell equations. In this
case, in the dielectric body (i.e. where the field intensities e, does exist)
the electric and the magnetic field intensities components exist. There are
also present:

e the circumferential energy flow §,, which changes its sign

0>
depending on ¢,

e the vertical energy flow S, which changes its sigh depending
on @,

e the radial energy flow S, always directed from the center.

This means that the charged capacitor radiates via the side
surface.
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The energy flow still persists in the charged capacitor as a
stationary electromagnetic energy flow. It is this flow where the
electromagnetic energy stored in the capacitor circulates. Hence, the
energoy which is contained in the capacitor and which is considered to be
the electrical potential energy, is the electromagnetic energy stored in the
capacitor in the form of the stationary flow.

There are experiments exist for detection of magnetic field
between charged plates of a capacitor using a compass [49, 50].
According to the above, in a round capacitor the compass needle shall
deflect perpendicularly to capacitor radius. The observed deflection of
the compass needle from capacitor axis can be explained by non-uniform
charge distribution over the square plate.
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Chapter 7a. Solution of Maxwell's
equations around the end of a
magnet
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1. Mathematical model

Above we consider a capacitor with electric charge, where an
electric intensity exist between its plates.

Let's now consider a_gap in an annular magnet. There is a
magnetic intensity between the planes forming this gap.

Due to the symmetry of Maxwell's equations, an electromagnetic
field shall exist in the "gap" of a magnet, similar to the electric field in the
gap of a charged capacitor. The difference between these fields is that in
the field equations electric and magnetic components of intensity change
places. In particular, in a charged round capacitor an electric intensity
(EZ ;éO) exists, and there is no magnetic intensity (HZ :O). In non-

charged capacitor with a magnet a magnetic intensity exists (H | 0),

and there is no electric intensity (EZ = 0).
Similar to (7.2.30-7.2.35) we obtain:

h,(r)= kh(a, 7, r), 1)
1 ,
h ()= ;(h(p(r) +rehl(r)) )
h(r)=r-h, ()L, ©
a
|
e, (r)= _£2 h(r)—, )
c X
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e (r)——h (r )— ©

e (r)=0. (©)
Here, the same as in capacitor, parameter @ is included into
exponential factor exp(a@f), which characterizes the process of

magnetizing permanent magnet during its formation ("charging" — similar
to capacitor)

Thus, the electric and magnetic intensities exist in the gap of our
magnet (i.e. where intensity 4, exists).

[Ipu cymecTBOBaHMH 9THX HAIpsKEHHOCTEH in the gap of our
magnet QOPMHUPYETCA CTALMOHAPHBIA IIOTOK 3ACKTPOMATHHUTHOMN
seprun. Hamommum dopmyay (7.3.4), xoropad B AAHHOM CAydYae
OIIPEACAACT IPOEKITUHU IIOTOKOB SHEPIUHU OIIPEACAAIOTCA IO POpMyAe:

S s, - si° s, -sin’(ap + yz)

r

S=|S,|=|s,si-co|= s(p-O.Ssin(2(a(p+;(z)). ©)
S s, -Si-co s.-0.5 sin(2(ag0+;(z))

z

where, as it follows from (1-6, 7.3.2),
s, —(h2e¢)— l ,ua)r h,(r)-h, (r)

,=Ce, )———r-hj(ﬂ ®
s, = (erh(p —e,h, ): —%(hf (r)+ h; (r))

OTCrOAQ CACAYET, YTO CYILECTBYIOT
which changes its sign

® the circumferential energy flow S,
depending on ¢,
e the vertical energy flow S, which changes its sign depending

on @,

e the radial energy flow S, , always directed from the center.

As it was shown in Section 1.5, together with these energy flows
the momentums directed along the radius, circumferentially and along
the axis also exist within the electromagnetic wave. There are also the
moment of momentums about any radius, any circle and about the axis.

Obviously, these conclusions do not depend on the gap length.
Therefore, we can say that
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energy flows, momentums and moment of momentums exist
around the end of a magnet.

As it was shown in (1.5.6), moment of momentum about the axis
of the magnet in this point of the "gap" (r, o, Z)
Lz(r, gp,z): S.r/c )
or, taking (7, 8) into account,
rs,

Lz(rsgoaz): Szl— Sln(Z(a'(o+Zz)):
C C

(10)

HOr (1) 2 . ’
2 (2 )+ 72 () binR(ap+ 22))

where A, (}’) h,(r) are determined by (1, 2). Total moment of

momentum along the entire circle of a given radius and at a given
distance from the end

L = fLZ (r, o, z)i¢ =— (hf (r)+ h; (r))fsin(2(a(p + ;(z))igo (11)

Here all the parameters can be found experimentally, and they are
currently unknown. However, it can be said that at non-integer

How

2yc’

L #0 always exists.

2. Experiments on the detection of moment of

momentum in a magnet

The existence of the moment of momentum in the magnet could
be confirmed experimentally. But the author does not have such
opportunities. Therefore, it is proposed to consider experiments that
(probably!) demonstrate the existence of such a moment of momentum
in the magnet.

1. An experiment known on the Internet is shown in Fig. 1, where

* M - magnet with induction B,

e K - an iron ring with a gap V (which is required in order to

exclude the assumption of current in the ring)

e N - thread,

L, D, A, C, d - dimensions.

When the ring is lowered, at a certain position it starts to rotate fast
and rotates for some time T, then it stops and starts to rotate in the
opposite direction. This rotation lasts for a time t<<T. Rotations with
alternating direction repeat 3-5 times and then stop.
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Chapter 7a. Solution of Maxwell's equations around the end of a magnet

The author carried out this experiment as follows:

variant 1: B = 1 Tesla, T = 30 sec,

L, D, A, C, d)=(200, 15, 10, 15, d) mm;
variant 2: B = 1 Tesla, T = 20 sec,

L, D, A, C, d)=(200, 20, 05, 15, d) mm.

This experiment can be explained by the existence of a torque,
which in the steady state is equilibrated by the torque of the thread. In
another way this experiment is explained by changing of the thread
torque, when it is pulled due to attraction of the ring K to the magnet M.
This explanation seems to be unconvincing, when doing the experiment

yourself.
L
N L
v
\ [
K A% D
J y
.
L A
v
.
M C
v
Fig. 1.

2. In the Internet [40] another experiment is demonstrated — see
dig. 2, where

* Mis a magnet,

* K - a magnet in the shape of an iron ring,

* S -wooden rod,

* P - holder of the rod S.
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Chapter 7a. Solution of Maxwell's equations around the end of a magnet

The ring K is held at a certain distance from the end of the magnet
M and rotates on the wooden rod S. The idea of this experiment can be
used for precise experimental proof of existence of the moment of
momentum about the axis of a magnet.

Fig. 2.

3. In the Internet [47] the one can find another experiment which
is easy to repeat. Two annular magnets are hung at a hook on a long
thread — see Fig. 3.1. In the first case the magnets are attached one to
the other by flat surfaces of the ring (see Fig. 3.2), and in the second case
— touch one another with external cylindrical surfaces. In the first case
the structure is showing no motion, and in the second case it is rotating.
As the weight of the structure does not change, then influence of the
thread is excluded.

Fig. 3.3.
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Chapter 7a. Solution of Maxwell's equations around the end of a magnet

4. An experiment similar to experiment 3 is also known on the
Internet, where the lower annular magnet was replaced by a solid
rectangular magnet - see fig. 4, where the notation of fig. 1. The structure
was rotated in the same way as in experiment 3 [48]. An explanation is
the existence of a moment of momentum around the axis of the magnet.

1
N L
y
i
K D
y
i
M C
y
Fig. 4.

Two annular magnets in experiment 3 can be considered as two
combined structures from fig. 4

* the lower ring as a magnet for the upper ring,

* the upper ring in the role of a magnet for the lower ring,

In this case, all four experiments are explained by the existence of a
moment of momentum in the magnet.

Experiments 1, 3, 4 can be represented by a general scheme — see
Fig. 5. A magnet M produces magnetic flux B1, directed into a ring K.
(The other part of magnetic flux form the magnet M is not considered).
This flux is splitting inside the ring K in two fluxes B2. Then, the fluxes
B2 are closed by the flux B3 inside the ring and the flux B4 outside the
ring. Thus,

B1 =2*B2-B3,B4 =2*B2- B3, Bl = B4,
Le. the flux B3>0 exists in any case. This flux, as shown above, has a
moment of momentum.
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M
B4
71N\
K
Fig. 5.

3. The rate of demagnetization of magnets

Consider the speed of energy movement from the magnet. Just as
in Chapter 1, we will use the Umov concept [81], according to which the
energy flux density s is a product of the energy density w and the speed

of energy movement v,:
S=w-v,. )
From [93] we consider, for example, the dependence of the
decrease in induction with the passage of time for the UNDK25A alloy -
see Fig. 6, which shows functions of the time elapsed from the moment
of magnetization. Time is shown in days. Window 1 shows the induction
function B(t) from [93]. Window 2 shows the function of the magnetic

energy density
W) =10"(B(®)) . (1)

Window 3 shows the function inverse to the function (1),

B, () =4/10* W, (1), )

where the density of magnetic energy W,(t) is calculated taking into
account the energy losses due to radiation of the energy flux with the
speed Vv,
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WO _ gy = - WD . 3)
dt v

P
It is clear that the velocities v, =4-10"" m/sec of the functions B, (t)

and B(t) coincide. This speed is much less than the speed of light, which

was to be shown.
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Chapter 8. Solution of Maxwell's
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1. Introduction

The electromagnetic wave in a capacitor in an alternating current Of
constant cutrent circuit is investigated in raasax 2 u 7. In this paper, a
spherical capacitor in a sinusoidal current circuit or an constant current
circuit is considered. The capacitor electrodes are two spheres having the

same center and radii R, > R, .

2. Solution of the Maxwell Equations in the

Spherical Coordinate System
Let us first consider a spherical capacitor in a sinusoidal current
circuit. Fig. 1 shows the spherical coordinate system (p,60,9).

Expressions for the rotor and the divergence of vector E in these
coordinates are given in Table 1 [4]. The following notation is used:

E - electrical intensities,

H - magnetic intensities,

M - absolute magnetic permeability,

& - absolute dielectric constant.
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T SO
/ /-0 DD
// //’T p :Y;(¢9>)\\
/ / .\9 .I \\ \\
K | o] Y
‘\\ \ / /
Fig. 1.
Table 1.
1] 2 3
1l rot,(E)| E, CE, OE,
+ - .
ptg(0) poo  psin(0Pe
2| rot,(E) OE, E, CE,
psin@Pp  p  op
3| 1ot (E) | E, | 0, OF,
p_Op pop
4| div(E) | E, OE, E, ©E, OE,
—£ + + +—
p op pg®) pod  psin(@Pe

With no charge on and no current between the spherical capacitor
electrodes, the Maxwell equations in the spherical coordinate system take
the form presented in Table 2.

Table 2.
1 2
1 oF
1r0tpH—f 2 =0
c Ot
2
rot,H — E% =0
c Ot
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3. OE
rot(pH—£ 2 =0
c Ot
4. OH
rot E + HT0 _
c Ot
5.
rot,E +ﬁaH9 =0
c Ot
6. OH
rot £ + HZ _ 0
c Ot
7.| div(E)=0
div(H)=0

Below the solution will be sought for in form of functions £, H ,

which presented in Table. 3, where the functions of the form £, W(p) to

be calculated. It is important to note that

* these functions are independent of the argument @

«if £(9)=sin(0), then

E

E@)-’_

Table 3.

oF
0 cos(@)

1

2

E, = Epp(p)cos(ﬁ)sin(a)t)

E, = E, (p)sin(0)sin(et)

E,=E, (p)sin(0)sin(er)

H,=H,, ()cos(@)cos(wr)

H,=H,, (p)sin(@)cos(a)t)

H,=H W(p)sin(@)cos(a)t)

an

We substitute the functions £, H from the Table 3 in Table 1

and take into account (11). Then we obtain Table 4.
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Table 4.
1] 2 >
1 t (£
rot , (£) 2 cos(8) sin(wr)
2| rot,(E E, OE
ro 0( ) _(_¢+—‘”jsin(9) sin(at)
p_op
3 t (£
rot, () (5214.f¥21jsin(9) sin(ar)
p_op
4| div(E E, ©CE,\ 2E
( ) [(_p+_Pj+—9chos(9) sin(@r)
Y2, 8,0 P

Expressions for the rotor and divergence function H differ from
those shown in the Table. 4 only in that instead of factors sin(at) atre
factors cos(at) . Substituting the expression for the curl and divergence

in Maxwell's equations (see Table 2), differentiating with respect to time
and reducing common factors, we obtain a new form of Maxwell's

equations - see Table. 5.

Table 5.

2
1 2E¢p WU _
— ——H,70
P c
2 E OE
( o pr_%ngzo
yo, op c
3 @4_ 8E9p _ou 0
0 op c v
4 (Eﬁk+&gwj+2E@ S
p  Op p
5| 2H,, we o
"
0 c
6 H oH
_( /N (/Jp]_%Eep:O
Yo, op c
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7 (ﬂﬁf_ﬂ_@E o

p 6,0 c P
8 ((pr .\ 8Hpﬂ]+ 2H,, | _,
P Op p

3. The solution of Maxwell's equations for the

vacuum
First, we consider the equations for a vacuum where in the GHS
system we have: &€= =1. At the same table. 5 takes the following

form:
Table 5a.
1 2
1] 2E
(74 —
-qgH =0
P PP
2 E, OF
_( (2 ij_qup_O
p  Op
31 (E, @E
(i'*_ Hpj_quﬂﬂ_O
p  Op
4 (( E,  0E, J | 26, J :O
p  Op p
5] 2H
op
—-qE =0
D Pp
6 H,_ ©oH
_( (2 pr_qup_O
p  Op
7 (ng angJ_q o
p ap op
8 ((pr N apr} 2H9p]:0
p  Op P
where

12)
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Then Maxwell's equations are completely symmetrical with respect to the
intensities E and H. Find the sum pairs of (1-4) and (5-8). Then we get:

2w,
-qW,, =0, (13)
Yo
w. oW
ﬂ+—“’pj+qW9p=0, (14)
p  Op
w, oW,
Ul "PJ—qwq,p:o, (15)
p  Op
/4 ow 20,
(per p”j+ "”J—o, (16)
P Op p
where
W=E+H. A7)

The system of 4 equations (13-16) defines 3 unknown functions -
the system is overdetermined. We show that there is a solution that
satisfies all equations

Direct substitution can be seen that the equations (14, 15) has the
following solution:

Wy, = A'%exp(iq(p—f’?)+ p). (18)
1 .
w,, = —A-;exp(lq(p—R)+ B), (19)
where 4, R, @, f, c¢ - constants. We find from equations (13, 18):

2w, 24 .

W, = =———expliglp-R)+ p), 0)

p ® qp
W - A[ 22 Jouialo -1+ ) e
P ap’ P

Substituting equations (19-21) to (16), we see that equation (16)
turns into the identical relation 0=0. Therefore, three functional relations
(18-20) comply with four equations (13-16), which was to be proved.

The decision does not change if instead of (17) will be used

condition
(E +H )— (22)
(1 + z)
Next, we will look for a solution in which

E=iH. (23)
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From (22, 23), we find:

2
W=(+iH-——=2H
(+i)H ) 4
or
H=W/2. @)
From (23, 25), we find:
E=Wi/2. (26)
From (18-20, 25, 26), we find:
_ A / .
H,, = 2—plexp(lq(p—R)+ B), 27)
_A .
H, = Ze)qO(lqr(p—R)+ B), (28)
_A :
H,, =——expliglo—R)+ p), 29)
ap
4,
Ey = 2—exp(lq(p—R)+ B), (30)
0
E, = z—lexp(iq(p—R)+ B), (31)
0
_ A ;
E, = qul explig(p—R)+ B). (32)

The solution obtained is a complex value. It is known that the real
part of a complex solution is also a solution. It follows that one can take
the real parts of functional relations (27-32) as a solution instead of these
functional relations:

4
H,, =——sin(g(p- R)+ B), (33)
2p
4
H,, = ECOS(CJ(p ~R)+p), (34)
_4
pr =— cos(q(p—R)+ ﬂ) (35)
ap
A
E,, =——cos(g(p - R)+ ). (36)
2p
4 .
EW =Zsm(q(p—R)+ﬂ), (37)
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Epp -

4
ssin(g(p— R)+ B), (38)
ap

To check this solution, one can substitute these functions into
equations in Table 3 to make sure that these equations become equalities.
Thus, the solution of Maxwell's equations for the spherical vacuum

capacitor has the form of equations (33-38).
To find all these functions, it suffices to know the values of

constants A, R, @, f, ¢. 'This solution means that an

electromagnetic wave does exist in the spherical capacitor in a
sinusoidal current circuit.

The solution of Maxwell's equations for the case when the
dielectric is not a vacuum is given in Appendix 1 and for the case when
the dielectric has some electrical conductivity — in Appendix 2.

4. Electric and magnetic intensities

Let us consider a point T with coordinates ¢, € on a sphere of
radius p .Vectors Hq) and H,, going from this point are in plane P,
tangent to this sphere at point T (g), 6’) - see Fig. 2. These vectors are
perpendicular to each other. Hence, at each point (y), 9] the sum vector

H,=H,+H, (39)

is in plane P and has an angle of y to a parallel line. As it follows from
(33, 34) and the Table 3, the module of this vector ‘H (pg‘ and the angle
¥ defined by the following formulas:

H, = ‘H W‘sin(é’)cos(a)t), (39)
A
WMzzg (40)
H, ©
cos(y )= | p| = sm(—(p ~R)+ ﬂj
@0 ¢
or
_ VAR ()]

=>——(p-R)-p. @)

134



Chapter 8. Solution of Maxwell's Equations for Spherical Capacitor

A "

H H

»

@0

Fig, 2.

Similarly, the same relationships exist for the vectors E, and E,.

At each point (go, 6’) the total vector
E¢9:E¢+Eg (42)
lies in the plane P and is directed at an angle y, to a line parallel. It

follows from (36, 37) and Table 3, the module of this vector and the
angle y, defined by the following formulas:

A
‘EW‘_Z (43)
E, @
cos(y, )= =cos| —(p—R)+ 3
‘E(pg‘ c
or
v.="(p-R)-p 4
or
T 45
Ve > V. (45)

The angle between H_, n E , in the plane P is straight.
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Therefore, in a spherical capacitor we can consider only one vector
of the electrical field intensities E , and only one vector of the magnetic

field intensities H ,. As these vectors lie on the sphere, they will be

b,

called spherical vectots.

I;p TI 72
| 5,
| 72
| 72
(. 0) - Hy
Fig. 3.

In Fig. 3 shows the vectors H , and E , lying in the plane P, and
vectors H | and E | lying on a radius.

Note that there are many solutions distinguished by value f. This

fact reflects the arbitrary rule in the choice of mathematical coordinate
axes.

Angle ¥ (30) is constant for all vectors H , for a given radius p.
This means that the directions of all vectors H , constitute the same

angle ¥ with all parallels on a sphere with a radius of p . This implies in

turn that there are the magnetic equatorial plane inclined to the
mathematical equatorial plane at angle ¥, magnetic axis, magnetic poles,

and magnetic meridians, along which vectors H o0 Ar€ directed — see Fig.

4, where thin lines mark the mathematical meridional grid, thick lines
mark the magnetic meridional grid, the mathematical axis 772, and
magnetic axis aa and electric axis bb are shown. It is important to note
that the magnetic axis aa, electric axis /b and all vectors E oo 1 H o0 A€

perpendicular.

When —=0 and =0 the magnetic axis coincides with the
c

mathematical axis.
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Fig. 4.

Spherical vectors depend on Sin(H). Radial vectors depend on

COS(H) —see Table 3. Therefore, there are the radial intensities only in
locations where the spherical intensity is zero.

5. Energy fluxes

Similarly to Chapter 1, density of electromagnetic energy flux is Poynting
vector

S=nExH |, )
where
n=clar. 2
In spherical coordinates ¢, 6, p density of electromagnetic
energy flux has three componentsS,, S,, S,, along radial,

circumferential and axial directions, respectively. They can be determined
as follows:

s, E,H,~E H,
S= Sﬁ :n(ExH)zn EpH¢_E¢Hp . (4)
S, EH,-E,H,
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From this and Table 3 it follows that
sm(H)sm(a)t)H cos(6)cos(wr) —
-k, cos(H)sm(a)t)H o sm(@)cos(a)t)
E , cos(0)sin(wt)H ,, sin(0)cos(ar) —]
-E, sin(H)sin(a)t)H oo cos(H)cos(a)t)
E, sin(@)sin(a)t)H sin(@)cos(or) -
sm(@)sm(a)t)H s1n(¢9)cos(a)t)

or
(Egp H,) ng)sin(@)cos(@)sin(a)t)cos(a)t)_
S=n (£ ( oo —E,, pp)sm(@)cos(ﬁ)sm(a)t)cos(a)t)
_( o gp Hp W)sm (6’)sm(a)t)cos(a)t)
or
(Egp pp) Eppng);m(é’)cos(H)
S =nsin(wt) cos(wt)| \E ( oo —E,, pp)51n(9)cos(€)
( 40/0 6’p 9p wp}mz(ﬁ)

E,H, EWH@)m@G)
S :Zsm(2(‘)t) ( pp cop </>p pp )sm(Z@) ®)
2(Ewp 9p Bp op )sz(e)
Let's define

7 =(g(o—R)+B). ©)

Substituting (3.33-3.38, 6) into (5) we obtain the following:
( cos’ () — sinz(}/));in(29)

S= ( cos(y)sin(y) +cos(y) s1n(;/))sm(2¢9)
2(sm () +cos (7/))s1n2 ®)
S, ) —sin(26)
stgzgﬂgmmmo . %
S, w 2sin’(9)
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Therefore, in spherical capacitor with sinusoidal characteristic of
voltage there are two energy fluxes — meridional and radial with
densities, respectively:

_ 2
S, = 8(;7:33 sin(2at) sin(26’), (8)
2
S, = 47;103 sin(2art) sinz(H). )

6. An Electromagnetic Wave in a Charged
Spherical Capacitor

A solution of the Maxwell equations for a parallel-plate capacitor
being charged (see chapter 7) systems from a solution of these equations
for a parallel-plate capacitor in a sinusoidal current circuit (see chapter 3).
In this paper the method described in chapter 7 will be used in solving
the Maxwell equations for a spherical capacitor being charged.

Electromagnetic wave propagation in charging spherical capacitor
is shown, and mathematical description of this wave is proved to be a
solution of Maxwell's equations. It was shown that a charged spherical
capacitor accommodates a stationary flux of electromagnetic energy, and
the energy contained in the capacitor, which was considered to be
electric potential energy, is, indeed, electromagnetic energy stored in the
capacitor in the form of the stationary flux.

For charged spherical capacitor the system of Maxwell's equations
shown in Table 2 shall be changed so that instead of equation (7) the
following equation is used:

div(E)=0(t), (@)

where Q(t) - charge on capacitor plate, which appeats and accumulates

during charging. The system of partial differential equations obtained in
such a way has a solution represented by the sum of a particular solution
of this system and a general solution of the corresponding homogeneous
system of equations. Homogeneous system is shown in Table 2, ie. it
only differs from this new system by the absence of term Q(f).
Particular solution with given ¢ is a solution, which associates electric

intensity £ (f) between the capacitor plates with electric charge O(7) . If
E ,(#) varies with time, then a solution of the system of equations from

Table 2 shall exist at given E_(¢). Exactly this solution we're going to
seek further on.
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Let us consider the field intensities in the form of functions
presented in Table 6. These functions differ from functions of Table 3
only by the type of time dependence: in Table 3, E and H functions

depend on time as sin(at), cos(awt), respectively, while in Table 6, F
and H functions depend on time as (l—eXp(a)l‘)) (exp(a)t)—l),

respectively. Although the indicated substitution, the solution of
Maxwell's equations remain unchanged.

Table 6.
1 2
E,=E,, (p)cos(@ X1 —exp(ar))
E,=E,(p)sin(@)l - exp(et))
E, = Ewp(p)sin(HXI - exp(a)t))
H,=H, (0)cos(@ Nexp(wr) —1)
H,=H,,(p)sin(0Yexp(er)-1)
H, = H¢p(p)sin(49XeXp(wt) -1)
! pmupEuEEREERESR TR
;,‘; 05 : “‘g“"--‘llillll
Z‘rj 0.5 \
-1 ——
0 0.001 0.002 0.003 0.004 0.005 0.006 0.007 0.008 0.009 0.01
400
= 200""“-......
:E; 0 OIS ool Lt LETTL Y rEiEmE
5 200 /’
4000 0.(;01 0.002 0.003 0.004 0.005 0.006 0.007 0.008 0.009 0.01
Fig.6. (SSMB6.1)
Bias Current
J,= %Ep =— Epp(p)cos(H)exp(a)t) (46)
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Fig. 6 presents intensities components and their time derivatives as
well as the bias current as a function of time for @ =-300: H » is shown
with a solid line, with a dashed line, and J » with dotted line. It is evident

that with # = oo the amplitudes of all intensities components tend to a
constant together, while the current amplitude approaches zero. This
corresponds to the capacitor charging via a fixed resistor.

Similar to (39a, 40, 41) we can write equations for vector ng,

modulus of this vector ‘H W‘ and angle ¥/ :

H, = ‘Hw‘sin(@XeXp(a)t) —l), 47)
A
‘Hw‘zg’ 8)
Y/ 1))
v="-—(p-R)-5, 49)
2 ¢
where A, R, w, f/, ¢ — constants which can be determined

experimentally, R - radius of the external sphere of the capacitor.

Constant @w=——, where 7 - time constant in the capacitor charge
T

circuit.
The structure of the electromagnetic wave remains the same - see
Section 3. As it was shown in this section, electromagnetic wave existing

in a spherical capacitor has only spherical E ,, H , and radial E , H

vectors.

Thus, it's fare to say, that spherical capacitor is a device which is
equivalent to both - magnet and, at the same time, electret which axes are
perpendicular.

Let's consider energy fluxes in a charged spherical capacitor.
Similatly to Section 5, we can calculate densities of energy fluxes

S, E,H,-E, H,
S=|S,|=nExH)=nE,H,-E,H, (50)
S, E,H,-E,H,

From this and Table 6 it follows that
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E, sin(@ 1 - exp(a)t))pr cos(@ exp(or) —1)-) |
-k, cos(@)1— exp(a)t))ng sin(@ Xexp(ar) — I)J
E,, cos(@ X1 - exp(a)t)yiw sin(@ Xexp(wt) —1)— _
-E, sin(HXI - exp(a)t))pr cos(HXeXp(a)t) - 1)}
E, sin(HXl — exp(a)t))ng sin(é’Xexp(a)l) — l)—
-E, sin(@ 1 - exp(a)t))HW sin(@ Xexp(ar) — I)J

or
_(Egp H,)-E, H, )sm(@)cos(@)
S =-n(—exp(at) | (E ( oo —E,, pp)sm(ﬁ)cos(@)
_(ElﬂpHHP - 9p op )sz (9)

(E,H,,~E, H, ¥in(26)
5= %(1 N exp(a)t))z (E,D,DHW - Ewp P )sm(2¢9) S
2, H,, - E,H,, kin*(@)

From this, similarly to Section 5, we can obtain:

S, —sin(26)
S=S, |=—— (1 eXp(a)t))z : (52)
S, 24P 2sin’(@)

Therefore, in charged spherical capacitor there are two energy
fluxes — meridional and radial with densities, respectively:

S =

) (53)

2
= % (1—exp(et) ) sin*(8). (54)
e

When the capacitor has been charged, current interrupts. However,
stationary fluxes of electromagnetic energy remain. When = o, from
(53, 54) it follows that in charged spherical capacitor two energy fluxes
exist — meridional and radial with densities, respectively:

—nd’ .

S = 260

=205 sin(26), 55
A

S, =sin*(9). (56)
qap
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Thus, the solution of the Maxwell equations for a capacitor being
charged and for a capacitor in a sinusoidal current circuit differs only in
that the former includes exponential functions of time and the latter
contains sinusoidal time-functions.

7. Electromagnetic wave around spherical

charge

Single spherical charge can be considered as a spherical capacitor
with infinitely large radius of external sphere. In this case, all the
properties of charged spherical capacitor are true for this type of charge.
Therefore, we can conclude that around solitary spherical charge exist the
following:

e stationary Coulomb (electric) field,

e clectromagnetic and almost stationary field — see (6.47-6.48),

e clectromagnetic energy fluxes — meridional and radial with

densities in the form (6.55, 6.50), respectively.

Exactly within this flux electromagnetic energy of the electric
charge circulates. Thus, energy of an electric charge, which was
considered to be electric potential energy, is indeed, electromagnetic
energv accumulated around the charge in the form of stationary flux.

Appendix 1. Solution of Maxwell's equations

for the medium
The solution of equations for the vacuum was considered above,
where in the GHS system, & = £ =1. At this time, we take a look at the
more general case, where & # u.
We consider again Table 5. We shall call
E=gFE', (60)
g=uls. (©1)

Then Table 5 becomes Table 7. We perform simple transforms in Table
7 and get Table 8. In Table 5a:

e Inlines 1, 2, 3, 4 the equations are divided by g,

e At the same time, in lines 1, 2, 3 before variable H appears
coefficient

w w
q :7;1 g =;\/ﬂ8 , (62a)

e Inlines 5, 6, 7 the coefficient before variable E’ is replaced with

for
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e @
q =7g 2;\//15. (628)

Therefore, in this case the solution also has the form (33-38). The
only difference is in the value of coefficient q: compare (12) and (62).
Next, intensities E are defined by (60). Thus, in this case equations (33-
38) become:

A

H, =Zsin(q(p—R)+ B), (63)
)
HW :—Cos(q(p—R)+ ﬂ), (64)
2p
)
H, = - cos(g(p—R)+ B), (65)
A
E, = £COS(q(p—R)+ B), (66)
Ao .
E, :ism(q(p—Rﬁ [)’), (67)
Ao .
E, = g2 sin(g(p—R)+ f3). ©68)
qp
Table 7.
2
B 2
D c
2 (Fe ), ony
p Op c ”
(B, ), _ony
D op c 7
4 (E;p i aE;pj+ 2E), 0
p  Op p
50 2H
op _ﬁE;p -0
0 c
6 (pr-FanpJ—a)gEég—O
p  Op g
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7 H OH
o  Top |_ D€ E;,pg 0
o, op c
8
H H, 0H, j 2Hy ) _,
P Op p
H=J= cos(a)t)

A
E —cos(ar) if (gﬁ—)O, o—)oo)

4

E= cos(wrt —¢)

E = cos(a)t)cos(¢)

Fig. 11.
Appendix 2. Solution of Maxwell's equations

for conductive dielectric

In Application 1 was considered the solution of equations for the

dielectric, which was & # . Next, assume that the dielectric has a certain
electrical conductivity o . In this case, the equation of the form

(1)

& OF

rotH ———=0
c ot
(72)

is replaced by the equation of the form
OFE
—-—ok =0

rot — £
c Ot
Instead Table 3 in this case we use the Table 9, where ¢ - the phase

angle between the magnetic and electric field intensities — see Fig. 11.

Table 9.
1 2
E,=E, (p)cos(HXsin(¢) sin(at) + o cos(@) cos(a)t))

E,=E, (p)sin(@Xsin(gzﬁ) sin(awt) + o cos(¢) cos(cot))
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E,=E, (p)sin(é’Xsin(;/ﬁ) sin(at) + o cos(g) cos(a)t))
H, = pr(p)cos(ﬁ)cos(a)t)

H,=H ep(p)sin(é’)cos(a)t)

H,=H W(p)sin(@)cos(a)t)

At the same time the system of Maxwell's equations can be
replaced by two independent systems of equations: in the first system is
used the term sin(¢@)sin(ewr) from the Table 9, and in the second system
- the term o cos(@)cos(awt) from the Table 9. After receiving the
decision of the system the general solution is defined as the sum of the
solutions found (by the linearity of systems). The solution of the first
system is given in Appendix 1.

Table. 5 for the second system takes the form of Table 10
(modified formulas (5-7)). Next will also argue, as in Application 1. Let

E=gE'. (73)

_ H
&= V&0 cos(p)’ 74

Then the Table 10 takes the form of the Table 11 (similar
transformations are presented in Table 7), and again we obtain Table 5a:

e Inlines 1, 2, 3, 4 the equations are divided by g,

when

e At the same time, in lines 1, 2, 3 before variable H appears
coefficient

q:a)y/ :Qw/,uga-cos@), (75)
c c

e Inlines 5, 6, 7 the coefficient before variable E’ is replaced with

for

g=o-cos(g)g= quyga-cos(gﬁ). (76)
c

Therefore, in this case the solution also has the form (33-38). The
only difference is in the value of coefficient q: compare (12) and (75).
Next, intensities I are defined by (73). Therefore, in this case the
solution also has the form (63-68). The only difference is in the value of
coefficient g - compare (61) and (74).

By combining this solution of the second system with the solution
the first system, we finally obtain:
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E,

o = %(gl Sin(%(p _R)+ B )"' &> Sin(%(p_R)"' b ))
E, = %(Wl Sin(%(p_R)"' V21 )"’ W, sm(‘]z(p_R)"' B ))’

where

q, :QX/E,

c

9, = %\/ ,U&‘O'-COS(¢).

& =

SRS

_ H
827 V g-o-cos(g)’

(/

—R)+p).
Hy =5 Ginla (o~ R)+ )+ sina, (o F)+ 2.)

Hy =5 cosla (o~ R)+ 1))+ ol (o R)+ )
H,,= ;A (ql cos(q,(p -

=2 (g, cosla (o~ R)+ )+ g, cosla (o - R)+ ).
Yo

R)+ B+ —coslg, (p—R)+ 4,
q

Table 10.
2
2E¢p _%H =0
el c
2 _ @4_% _% =0
p  Op c 7

(77

(78)

(79)

» (80)

(81)

(82)

®3)

84

(85)

(86)

®7)

(83)

(89)
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3 Ey OB, ) _OHy
0 op C P
4 ((Epp+6EppJ+2Eng:0
p  Op p
5| 28,
'
6
[ J 0'cos(¢)E9p—0
7| (H, 0H, j
ocos(@)E, =
(p ap o
8 ((pr+8prJ+2H0pJ=O
p  Op p
Table 11.
2
VI 2B, _ony _,
PP
Yo, c

4 ( E, O, j L 2Ey =0
p  Op p
50 2H,, =0
o
6 H,_ oH
- [ﬂ +—% J - acos(¢)E9pg =0
p  Op
7\(H, éH,
L AT i =0
( » o 0005(¢)E¢pg
8 ((pr . apr]Jr 2ng]:0
P Op p
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Chapter 9. The Nature of Earth's
Magnetism

It is known that the Earth electrical field can be considered as a
field "between spherical capacitor electrodes" [51]. These electrodes are
the Earth surface having a negative charge and the ionosphere having a
positive charge. The charge of these electrodes is maintained by
continuous atmospheric thunderstorm activities.

It is also known that there is the Earth magnetic field. However, in
this case no generally accepted explanation of the source of this field is
available. "The problem of the origin and retaining of the field has not
been solved as yet." [52].

It was shown above that there are the magnetic equatorial plane,
magnetic _axis, magnetic poles and magnetic meridians, along which

vectors H , are directed — see Fig. 4 in chapter 8. The angle between the

magnetic axis and the axis of the mathematical model can not be
determined from the mathematical model. Moreover, not determined
angle between the magnetic axis and the Earth's physical axis of rotation.

Spherical vectors depend on sin(f). Radial vectors depend on
COS(@) —see table 6 in chapter 8. Therefore, there are the radial
intensities only in locations where the spherical intensity is zero. We find
the angle ¢ of inclination. From Table 6 and the formulas (47-49) in
chapter 8 it follows that

A
—sin(@
1g(¢)= ‘HW‘ - 20 & = w'p'tg(e). (50)
‘Hp‘ ;cz cos(9) 2

It flows from the above mentioned that the Earth electrical field
is responsible for the Earth magnetic field.
Let us consider this problem in more details.

The vector field HW in a diametral plane passing through the

magnetic axis is shown in Fig. 8. Here, [H (/7‘9‘ =0.7; p=1. The vector
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field H , in a diametral plane passing through the magnetic axis is shown

in Fig. 9. Here,

H,|=0.4; p=1. The vector field H=H,,+H, in a
diametral plane passing through the magnetic axis is shown in Fig. 10.

H,,[=0.3; [H,[=0.2; p=1.

Here,

15 : : :

-15 i
. FIG. & (Sfera 83)

1 : : : .'
S NN SPRDS DU S
S e
s =
() [m— oo IEEEELEPETEE R RbEET — -
p—— —
— s | —
4:.5,// --------- ——
<, P
:‘/f; : ; \\ :
L e NN oo -
Y -n_is n 0_55 1 15
FIG. 9. (Sfera.88)
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FIG. 10. (S &ra 88)

Similarly, can be described the electric field of the FEarth.
Importantly, the electric field and the magnetic field are perpendicularly.

Once again, the very existence of the electric field is not in doubt,
and the charge of “Earth's spherical capacitor” is supported by the
thunderstorm activity [51, 52].

Also consider the comparative quantitative estimates of magnetic
and electric intensity of the Earth's field.

In a vacuum, where &€= =1, there is a relation between the

magnetic and electric intensity in any direction in the GHS system [51]
E=H. ©9)
This relation is true if these intensities are measured in the GHS system
at a given point in the same direction. To go to the SI system, one shall
take into account that
for H: 1 GHS unit = 80 A/m
for E: 1 GHS unit = 30,000 B/m
Hence, the equation (9) takes the following form in the SI system:

3000F =80H (10)
or

E=0.03H. 11)
or

H =30E-tg(p). (12)
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An additional argument in favor of the existence of the electric
field of the structure specified is the existence of the telluric currents [2].
There is no generally accepted explanation of their causes. On the basis
of the foregoing, it shall be assumed that these currents must have the
largest value in the direction of the parallels.

It is possible that the electric field of the Earth can be detected
using a freely suspended electric dipole, made in the form of a long
isolated rod with metal balls at the ends. It is also possible that
oscillations of the rod will be recorded at the low frequency of changing
in dipole charges.

Based on the hypothesis suggested, it can be assumed that the
magnetic field shall be observed among planets with an atmosphere.
Indeed, the Moon and Mars, free of the atmosphere, lack the magnetic
field. However, there is no magnetic field at Venus. This may be due to
the high density and conductivity of the atmosphere — it cannot be
considered as an insulating layer of the spherical capacitor.
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Chapter 10. Solution of Maxwell's
Equations for Ball Lightning

Contents
1. Introduction \ 153
2. The solution of Maxwell equations in spherical
coordinates \ 154
3. Energy \ 160
4. 'The Energy Flow \ 160
4.1. Radial Energy Flux \ 160
4.2. Spherical Energy Flux \ 161
4.3. Total Energy Flux \ 163
5. About Ball Lightning Stability \ 164
6. About Luminescence of the Ball Lightning \ 164
7. About the Time of Ball Lightning Existence \ 164
8. About a Possible Mechanism of Ball Lightning
Formation \ 165

1. Introduction

The hypotheses that were made about the nature of ball lightning are
unacceptable  because they are contrary to the law of energy
conservation. This occurs becanse the luminescence of ball lightning is
usually attributed to the energy released in any molecular or chemical
transformation, and so it is suggested source of energy, due to which
the ball lightning glows is located in it.

Kapitsa P.I.. 1955 [41]

This assertion (as far as the author knows) is true also today. It is
reinforced by the fact that the currently estimated typical ball lightning
contains tens of kilojoules [42], released during its explosion.

It is generally accepted that ball lightning is somehow connected
with the electromagnetic phenomena, but there is no rigorous description
of these processes.

A mathematical model of a globe lightning based on the Maxwell
equations, which enabled us to explain many properties of the globe
lightning, is proposed in [55]. However, this model turned out be quite
intricate as to the used mathematical description. Another model of the
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ball lightning which is substantiated to a greater extent and make is
possible to obtain less intricate mathematical description is outlined
below [56]. Moreover, this model agrees with the model of a spherical
capacitor — see chapter 8.

When constructing the mathematical model, it will be assumed that
the globe lighting is plasma, i.e. gas consisting of charged particles —
electrons, and positive charged ions, ie. the globe lightning plasma is
fully ionized. In addition, it is assumed that the number of positive
charges equal to the number of negative charges, and, hence, the total
charge of the globe lightning is equal to zero. For the plasma, we usually
consider charge and current densities averaged over an elementary
volume. Electric and magnetic fields created by the average “charge”
density and the “average” current density in the plasma obey the Maxwell
equations [62]. The effect of particles collision in the plasma is usually
described by the function of particle distribution in the plasma. These
effects will be accounted for the Maxwell equations assuming that the
plasma possesses some electric resistance or conductivity.

And so on based on the Maxwell's equations and on the
understanding of the electrical conductivity of the body of ball lightning,
a mathematical model of ball lightning is built; the structure of the
electromagnetic field and of electric current in it is shown. Next it is
shown (as a consequence of this model) that in a ball lightning the flow
of electromagnetic energy can circulate and thus the energy obtained by a
ball lightning when it occurs can be saved. Sustainability, luminescence,
charge, time being, the mechanism of formation of ball lightning are
briefly discussed.

2. The solution of Maxwell equations in

spherical coordinates

Fig. 1 shows a system of spherical coordinates (p,d,¢) and the
Table 1 gives the expressions for rotor and divergence of vector E in
these coordinates [4]. Here and further

E - intensity of electric field,

H - intensity of magnetic field,

J - currents density,

M - absolute permeability,

& - absolute dielectric permittivity,

o - conductivity.
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Fig. 1.
Table 1.
1] 2 3
1l rot,(E)| E, +8E(p _ OE,
ptg(@) po6  psin(0pe
2 rote(E) OE, _i_@E(p
psin(@Pe  p  op
3| 1ot (E) | £, 0B, OF,
p_Op pop
4| div(E) E, OE, _E, O, ¢¢
p dp pg@) pod  psin(0Pg

The Maxwell equations in the spherical coordinates in the GHS
system without any non-compensated charges are presented in Table 2.

Table 2.

1 2

OF
2_J =0

o 7

rotpH—g

2. oFE

rot, H—e—%—-J, =0
l at 0

oF
—~J,=0

rot (/,H —-&
ot
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* t E °H, 0
rot F — =
pu T H ot

5. OH
rot E — g =0
aa

6. K 6H(/, 0
rot £ — =
o2 H ot

div(£)=0
div(H)=0

HEJEcos(a)t)
A
4 E—>cosler) if (-0, o)

E =cos(wt — ¢)

E, = cos(wt )cos(p)
. = 9 E —sin(ar) if [¢—>§, 0—)0)

== > .
E, =sin(@)sin(p)  sin(@r)

Fig, 2.

A monochromatic solution to these equations will be sought for
below. For this purpose, let us write the functions £, H, J in the time

domain in the following form:

H=H, cos((ot),

E = E, (sin(et )sin(p )+ cos(ar )cos(4))

J = E, o cos(wt )cos(¢)
where ¢ is the phase angle between the electric and the magnetic

strength - see Fig. 2. Considering this assumption, the solution to the
Maxwell equations will be sought for in the form of functions
E, H, J presented in Table 3, where the functions of type E N p(p) are

to be determined. It should be noted here that these functions are

independent of the argument @.
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Table 3.
1 2

E,=E, (p)cos(HXsin(¢) sin(wt) + o cos(¢) cos(a)t))
E,=E,, (0 )sin (8 sin(@) sin(wrt) + o cos(#) cos(er))
E,=E, (p)sin(&Xsin(giﬁ) sin(awt) + o cos(¢) cos(cot))
H,=H, (p)cos(8)cos(wrt)
H,=H Qp(p)sin(é)cos(wt)
H,=H, (0 )sin (8 )cos(r)

It is demonstrated in chapter 8 that this solution exists with

ng=%@m@l(p—R)+ﬂ1>+sin<q2<p—Rm», n
H[pp=%(COS(%(P—R)+ﬁ1)+008(qz(,0—R)+ﬂz)), @
pr = ;—f(icos(ql (10 - R)+ B )+ qicos(%(p - R)+ B, )j , 3

E, %(gl cos(q, (p— R)+ )+ g, cos(g, (o— R)+ /3)). (4
E(/Jp = %(gl Sin(%(/)_R)"' B )"’ £, Sin(%(p_R)"' B )) (%)

E, =§(w1 sin(g, (p— R)+ B,y w,sin(g, (o - R)+ ). 9

where

q9, :g\/E’ )
q, = %x/ﬂw-COS(qﬁ). (8)
)

(10)
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W1 ::—’ (11)
(7

c
"7 veo cos(p)’

A, pB,, B, are the constants.

(12)

It is demonstrated in chapter 8 that instead of the pair of vectors

H » and H, we can consider a single sum vector

H,=H,+H,, (13)

which is in the plane tangent to the sphere of radius p and has an

angle W to the parallel line. The module of this vector and angle ¥ can
be determined from the following correlations:

4

‘HW‘:Z, (14)

v="-2(p-R)-p. (15)
2 ¢

where R is the radius of the sphere, and B = f, = f,. From (14) and
Table 3 it follows that

: A .
H,,= ‘H W‘sm(ﬁ)cos(a)t) = Zsm(@)cos(a)t) . (16)
Similar correlations do exist for the vectors E » and E,, namely:
A
‘E(pe‘ s (17)

v, =§(p—R)—ﬂ (18)

or
V2
=—-Vy. 19
v.=2v (19
From (17) and Table 3 it follows that
E,= % sin(@Xsin(¢) sin(wt) + o cos(¢@) cos(a)t)), (20)

Fig. 3 shows vectors Hw’ H,, Ew’ E,, H

point T with coordinates (50, 9]. The angle between the vectors H , u

00 > E(pg going from

E o0 in the plane P is right.
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Thus, in a sphere we may consider only one vector of the electrical
field strength E , and only one vector of the magnetic field strength

H,, . As these vectors lie on sphere, we shall call them spherical vectors.
Hence, only spherical H , and E , and radial H, and E, strength
components exist in the sphere. Fig. 4 shows vectors H , and E , lying
in the plane P and vectors H ; and E | lying along the radius.

A u

H H

@

[

Fig. 3.

Bear in mind that this solution has been obtained under the
following assumptions: the sphere is conductive and neutral (does not
have any uncompensated charges). Obviously, this solution is not unique.
Its existence means only that in a conductive and neutral sphere, an
electromagnetic wave can exist, and currents can circulate.

te

I;p ?I 72
I 3,
| 72
| l/\\ﬂ/ 2
6. 0) - 1,
Fig. 4.

159



Chapter 10. Solution of Maxwell's Equations for Ball Lightning

3. Energy

From Table 3 follows that a globe lightning contains the following
energy components

e Active loss energy W, — see the second term in the expression for
the electric strength:

e Reactive electric energy W, — see the first term in the expression
for the electric strength:

e Reactive magnetic energy W, — see the expression for the

magnetic strength

Let us write these characteristics

E,, ()cos(O)) +
W =
= loeos®) Cos(wt))zg{siﬁ(e)((f?gp (0) +E, ()

E,,(p)cos(®)) +
sin” (HX(Egp (,0)) + (E(pp (:0))Z )
((H,,p(p) cos(9)) +

dpd0. (23)
sz(ex(Hﬂp ('0)) + (I’IW(,O)))
Obviously, the amplitudes of energies W, and W, can be equal

dpd@ ,(21)

7, = (sin(g)sin(@n) J [[ dpd@, (22)

W, = (cos(at) ¥ j j

0.0

when the 4, B, B, - see (1-6) have certain values. In this case, the

energies W, and W, transform into each other — see multipliers

(sin(a)t))2 and (cos(a)t))z in correlations (22, 23). Thus, the
energy conservation law is fulfilled for the globe lighting as a whole in
the obtained solution.

At the same time, Table 3 demonstrates that the energy
conservation law is not met at each point of the sphere. Hence, there are

energy flows between sphere points. This fact will be proved rigorously
below.

4. The Energy Flow
4.1. Radial Energy Flux
There is an electromagnetic energy flux along the radius at each
point of the sphere, see Fig. 5. The density vector of this flux is equal to
S,=E,,xH,,. 24
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S

yoj

i

H

po @b

Fig, 5.

As the vectors H_,, E , are perpendicular, from (16, 20) it

06>
follows that:

‘S p‘ = ‘E W“H W‘ = 4A—22 (sin(&Xsin(q)) sin(at) + o cos(¢) cos(a)l))Xsin(H)cos(a)t))
Joj

or

‘S p‘ = 41222 sin’ (9)c03(cot)(sin(¢) sin(awt) + o cos(9) cos(a)t))
‘S p‘ = A22 sin’ (0{l sin(¢) sin(2at) + o cos(¢4) cos’ (a)t)) 25)
4p 2

In particular, for o =0 we have: sin(¢) =1 and

2
‘S = A—2 sin’ (9 )sin(20r) | (26)
8p

,

4.2. Spherical Energy Flux

At each point of the sphere, there are two fluxes of the
electromagnetic energy tangent to the sphere, see Fig. 6. The density
vector of these fluxes can be written as

S, =E,,xH,, @7
S,=H,,xE . (28)
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A v -
H E,

cC

[

| =

\/

o e
7(p, 6) 7(p, 6)

Fig. 6.

As the multiplied vectors are perpendicular, from (14, 16, 20) and Table 3

we can obtain:

|Sl| = ‘Ew“Hp‘ = zisin(HXsin@ﬁ) sin(at) + o cos(4) cos(a)t))o
Yo,

J pr(p)cos(Q)cos(a)t)

—‘H “E ‘— sm(ﬁ)cos(wt)o

(p)cos(OXsm(¢) sin(at) + o cos(4) cos(a)t))

or

S | H,,(p)sin(0)eos(0 )Cos(a)t)(sm(@sm(a)f )+ J

cos(g)cos(awrt)

. | (p)sm(e)cos(g)cos(a)t)(sm(mSln(“’l‘)+ j

cos(¢)cos(awrt)

As these ﬂuxes are perpendicular, the module of their sum can be
determined by the formula

i\/(HZPP (o)+ E%sp (,0))°

(29)
o sin(©))cos(0 Jcos e )(sm(¢) sin(at) + j

o cos(@)cos(wr)

S, =[S, +8S,|=

In particular, for o =0 we have sin(¢) =1 and

=[5, +8,]=| 2p \/(H oo (p)+E? pp(/?))
o sin(0)cos (@ )cos(ot) sin(wr)
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or

\/(H w(p)+ E pp(P))

s =[S, +S,|=] 8p (30)
. sm(29)sin(2a)t)
Considering (3, 0), for o =0 we have

A2

S, = ———sin(20 sin(2x) . 31)
8p’

1

4.3. Total Energy Flux
Let us find the electromagnetic energy flux divergence for
o =0 from (26, 30):
oS
div(Sp +S3): L +%=
op 00

= i( 4 sin” (H)Sln(Za)t)] + i(Azz/E sin(26’)sin(2a)t)] -
00\ 8p

op\ 8p’ |
247 A2

) 32
= sin® (@ )sin(2art) +
8 3 ( ) ( ) 8 3

cos(20 )sin(2r) =

1

_ A {q $(0)- [_HJSIHZ(&)]m@w)

4p°
Considering (7), we obtain that V2 >>1. Then, from (32) one can find
that: !

dzv(S +S )— \/_cos(29)sm(2wt) (33)

1
This dlvergence of the total electromagnetic energy flux is not zero
at many points of the sphere. This means that the energy flux passing
through a point is not generally equal to zero. Hence, there is energy
exchange between the sphere points. However, the energy conservation
law is met for the overall sphere (see above). Thus, in the globe lightning:
e the energy conservation law is met,
e there is an electromagnetic energy flux.
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5. About Ball Lightning Stability

The question of stability for bodies, in which a flow of
electromagnetic energy is circulating, has been treated in [43]. Here we
shall consider only such force that acts along the diameter and breaks the
ball lightning along diameter plane perpendicular to this diameter. In the
first moment it must perform work

dR
A=F—. (34)
dt
This work changes the internal energy of the ball lightning, i.e.
aw
A=—. (35)
dt
Considering (34, 35) together, we find:
dW |dR
F=—Ho/—. (36)
dt | dt
If the energy of the global lightning is proportional to the volume, i.e.
W =aR’. 37)
where d — is the coefficient of proportionality, then
dw , dR
—=3aR" —. 38
dt dr >
Thus,
dw |dR R)/4
F=—""/"=3aR* =" (39)
dt | dt R

Thus, the internal energy of a ball lightning is equivalent to the
force creating the stability of ball lichtning.

6. About Luminescence of the Ball Lightning

The problem was solved above considering the electric resistance
of the globe lightning. Naturally, it is nor zero, and when current flows
through it, thermal energy is released. This thermal energy is radiated that
is the cause of globe lighting illumination.

7. About the Time of Ball Lightning

Existence
We can assume that the globe lightning energy is equal to the
amplitude of the electric energy, i.e. according to (22),
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(Epp (0) cos(@)} +
[sin2 O, ) + E, () )Jdpdg'

The heat loss power is equal to the derivative of the heat loss
energy with respect to time. Expression (23) gives the instantaneous
energy of heat losses. Therefore,

P= x/E (0 cos((zﬁ))z ” (Epp (e) cos(@)) "
sl s ONE, () + E,,(0)
The existence time of the globe lightning is equal to the time the
electrical energy transforms into the heat losses, i.e.

(40)

W =sin’(9) ||

.0

dpdd . (41)
)

T=—. 42
P “2)

From (40-42) we can obtain:
i) '@ -
V2(ocos(d)) 207

8. About a Possible Mechanism of Ball

Lightning Formation

The leader of a linear lightning, meeting a certain obstacle, may
alter the motion trajectory from linear to circular. This may become the
cause of the emergence of the described above electromagnetic fields and
currents.

In [44] this process was described as follows:

Another strong bolt of lightning, simultaneous with a bang, illuminated the
entire space. 1 can see how a long and dazzling beam in the color of sun beam
approaches to me right in the solar plexus. The end of it is sharp as a razor, but
further it becomes thicker and thicker, and reaches something like 0,5 meter. Further I
can't see, as I am staring at a downward angle.

Instant thought that it is the end. 1 see how the tip of the beam approaches.
Suddenly it stopped and between the tip and the body began to swell a ball the size of a
large grapefruit. There was —a thump as if a cork popped from a bottle of champagne.
The beam flew into a ball. I see the blindingly bright ball, color of the sun, which
rotates at a breakneck pace, grinding the beam inside. But 1 do not feel any touch, any
heat.

The ball grinds the ray and increases in sige. ... The ball does not issue any
sounds. At first it was bright and opaque, but then begins to fade, and I see that it is
empty. Its shell has changed and it became like a soap bubble. The shell rotates, its
diameter remained stable, but the surface was with metallic sheen.
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1. Problem statement

Dusty plasma (see the [87]) is a set of charged particles. These
“particles can arrange in space in a certain way and form the so-called
plasma crystal” [88]. The mechanism of formation, behavior and form of
such crystals is difficult to predict. Observation of these processes and
forms under low gravity conditions sets at the gaze — see illustration (Fig
1.) of the experiments in space in the [89)].

Therefore, they were simulated on computer in 2007. The results
surprised even greater, which was reflected in the name of a
corresponding article [90]: “From plasma crystals and helical structures
towards inorganic living matter”. The [91] gives a summary and
discussion of the simulation results.

I like such comparisons too. But, nevertheless, it should be noted
that the method used by the authors of the molecular dynamics
simulations does not fully take into account all the features of the dusty
plasma. To describe the motion of the particles this method uses classical
mechanics and considers only electrostatic forces between the charged
particles. In fact, the charged particles motion causes occurrence of
charge currents — electrical currents and electromagnetic fields as a
consequence. They should be considered during simulation.
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Fig. 1.

In absence of gravity the plasma particles are not affected by
gravitational forces. If we exclude radiation energy, then it can be said
that the dusty plasma is electric charges, electric currents and
electromagnetic fields. Moreover, at its formation (filling a vessel with a
set of charged particles) the plasma receives some energy. This energy
may be only electromagnetic and kinetic energy of the particles, since
there is no mechanical interaction between the particles: they are charged
with like charges. Thus, the dusty plasma should meet the following
conditions:

e to meet the Maxwell’s equations,

e to maintain the total energy as a sum of electromagnetic and

kinetic energy of the particles,
e to become stable in terms of the particles structure and motion in
some time; it follows, for example, from the said experiments in

space — see fig. 1.

The charged particles obviously push off from each other by
Coulomb forces. However, the experiments show that these forces do
not act on the periphery of a particles cloud. Consequently, they are
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compensated by other forces. It will be shown below that these forces
are Lorentz forces arising during charged particles motion (although it
seems strange at first sight that these forces direct into the cloud,
opposing the Coulomb forces). The particles cannot be fixed, since then
the Coulomb forces will prevail. But then these forces will move the
particles, which causes the Lorentz forces, etc.

In the mathematical model shown below we will not take into
account the Coulomb forces, believing that their role is only to ensure
that the particles are isolated from each other (just as these forces are not
considered in electrical engineering problems).

Thus, we will consider the dusty plasma as an area with flowing
electrical currents and analyze it using the Maxwell’s equations. Since the
particles are in vacuum and are always isolated from each other, there is
no ohmic resistance and no electrical voltage proportional to the current
— it should not be taken into account in the Maxwell’s equations. In
addition, in the first stage, we will assume that the currents change slowly
— they are constant currents. Considering these remarks, the Maxwell’s
equations are as follows:

rot(H)-J =0, @
div(J)=0, )
div(H )=0, ©)

where the J, H is the current and magnetic intensity, respectively. In

addition, we need to add to these equations an equation uniting the
plasma energy W with the J, H:

w=rU, H). (4)

In this equation, the energy W is known since the plasma receives this
energy at its formation.

In scalar form, the system of equations (1-4) is a system of 6
equations with 6 unknowns and should have only one solution. However,
there is no regular algorithm for solving such a system. Therefore, below
we propose another approach:

1. Search for analytical solutions of underdetermined system of
equations (1-3) with this plasma cloud form. There can be
multiple solutions.

2. Calculation of energy W using the (4). If the solution of the
system (1-4) is the only one then this solves the system (1-4)
with the data of the W and cloud form.
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2. System of equations
In the cylindrical coordinates r, ¢, z, as is well-known [4], the

divergence and curl of the vector H are as follows:

OH
diV(H)=(Hr+aHr +l- ¢+8HZ} @
r or r Op oz
OH
rot, (i#)=| L. 2= _T0 | (b)
r op 0z
OH, OH
t (H)=| —L-=—2| ©
© ¢( ) ( 0z or ]
H OH
rotZ(H):[ ’fo + 6:) —i-a(gprJ. )

Considering the equations (a-d) we rewrite the equations (1.1-1.3)
as follows:
H, ©0H, 1 OH, O0H,
+ + +

=r =0, )
r or r Op Oz
oH

1 oH, i, =J, ©)
r O0p Oz
OH, oH

E-—==J, 3
oz  or ? ©
H, OH
_‘p+_‘/’_l.%—Jz, 4)

oJ
I, +—6J’ +l-—¢’ +—a‘]2 =0 ®)
r or r Op Oz
The system of 5 equations (1-5) with respect to the 6 unknowns

(Hr, H, H,J,J, J Z)is overdetermined and may have multiple

solutions. It is shown below that such solutions exist and for different
cases some of possible solutions can be identified.

We will first look for a solution for this system of equations (1-5)
as functions separable relative to the coordinates. These functions are as
follows:

Hr'=hr(r)'COS(ZZ)’ (6)
H,.=h,(r) sin(yz), ©)
H_.=h.(r)-sin(yz), ®

169



Chapter 11. Mathematical model of a plasma crystal

J,.=J.(r)-cos(xz), ©
"]z :jz(r).Sin(ZZ)’ (1l>
where the X is a constant, while the

h(r), h,(r), h.(r), j.(r), j,(r), j.(r) are the functions of the

coordinate r; derivatives of these functions will be denoted by strokes.
By putting the (6-11) into the (1-5) we get:

£+hr’+;(h2:0, (12
r
_Zh(/) :jr’ (13>
~h =], 14
h, ., .
7+h¢ =7, (15)
]_',+ g
r
Let’s put the (13) and (15) into the (16). Then we get:

- xh h

Z‘/’—Zh;+;([—”+h;j=0. 17

r

The expression (17) is an identity 0=0. Therefore, the (16) follows
from the (13, 15) and can be excluded from the system of equations (12-
16). The rest of the equations can be rewritten as:

hzz_l(ﬂ”l;j, (18)
X\r

h
j. = 7“’ +h,, (19)
J.=—xh,, (20)
Jp=—xh. =k, 1)

3. The first mathematical model

In this system of 4 differential equations (18-21) with 6 unknown
functions we can define two functions arbitrarily. For further study we
define the following two functions:

h,=q-r- sin(z-r/ y), 22)
h =h-r-sin(z-r/y), 23)

where the ¢, /1 are some constants. Then using the (18-23) we find:
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h, = —E(Z sin(z -7/ y )+ uCOS(ﬂ' : r/;g)) (24)
x X
J. = q(z sin(z -7/ y )+ L. cos(z - r/;()j (25)
4
Jo==x-q-r-sin(zor/y) (26)
2
Jo :h-E z 5 —ZJ-r-sin(ﬁ-r/;g)+£[2—£j-cos(7z-r/)().(27)
R Y AN 4

Thus, the functions j.(r), j,(r), j.(r), h.(r), h,(r), h.(r) can be
defined using the (206, 27, 25, 23, 22, 24), respectively.

hr

\
e

0 0.5 1 1.5 2 0 0.5 1 1.5 2
1 2
1 - 0 \
2 1
0 0.5 1 1.5 2 0 0.5 1 1.5 2
4 5
2
S N O
0
2 i i 5
0 0.5 1 1.5 2 0 0.5 1 1.5 2
FIG. 2 (figPlazma.m)
Example 1.
Fig. 2 shows function graphs

(1) J,(r), j.(r), h.(r), h,(r), h.(r). These functions can be

calculated with data y =2, h=1, g =—1. The first column shows the

functions £,(r), h,(r), h.(r), the second column shows the functions

VAGRNAGRNAGE
It is important to note that there is a point in the function graph
J, (r) Jo (r) where j, (r)z 0 and j, (r): 0. Physically, this means that
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there are radial currents J, (r) in the area 7 < y directed from the center
(with yq < 0). There are no currents J, (r) J, (r) in the point 7= y.
Therefore, the value R = y is the radius of a crystal. The specks of dust
outside this radius experience radial currents J, (r) directed towards the
center. This creates a stable boundary of the crystal.

The built model describes a cylindrical crystal of infinite length,

which, of course, is inconsistent with reality. Let’s now consider a more
complex model.

4. The second mathematical model

The root of the equation j, (r)z 0 determines the value R =y of
the cylindrical crystal radius. Let’s now change the value y . If the value
J is dependent on the z, then the radius R will depend on the z. But

this very dependence is observed in the experiments — see, for example,
the first fragment in Fig. 1.

With this in mind, let’s consider the mathematical model which
differs from the above used by the fact that the function y(z) is used

instead of the constant y . Let’s rewrite the (6-11) with this in mind:
H,.=h(r)-cos(x(2)). (28)
H,.=h,(r)-sin(z(z)), (29)
H..=h.(r)-sin(y(2)), (30)
J = j(r)-cos(x(2)), 61)
J .= j,(r)-sin(x(2)), (32)
J, = j.(r)-sin(x(z)). (33)
The system of equations (1-6) differs from the system (2.9-2.14)
only by the fact that instead of the constant y we use the derivative

¥'(z) along the z of the function y(z). Consequently, the solution of
the system (28-33) will be different from that of the previous system only
by using the detivative y'(z) in instead of the constant y. Thus, the
solution in this case will be as follows:

J,==2'(2)-q-r-sin(z-r/7'(2)), G4

| h- (;{'(ﬁz—;Rﬂ — ;('(z)] e Sil’l(ﬂ' . r/;('(z))+

Jo = I . > 35)
" 7'(2) [2 - X'(Z)] coslr 1/ 2'(2)
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J. = q[?_ sin(z -7/ 7'(2))+ % -cos(r - r/;(’(z))j , (36)

h =h-r-sin(z-r/y'(z)), 37)

h,=q-r-sin(z-r/ 7 (2)), (38)

h,=- ,h (2 sin(z -7/ 7'(2))+ ﬂcos(7r . r/;(’(z))j- (39)
x'(2) R

The said functions will depend on the y'(z). With the y(z)=7z the
equations (34-39) are transformed into the equations (22-27).
For example, Fig. 3 shows the functions y(z) and y'(z) where

the y'(z) is an equation of ellipse.

2 2

~
15 \ 15
1 \ 1
0.5 \ 0.5

N 0 N 0

-0.5 \ 0.5
- \ -
15 15

2 2 i
-2 -1 0 1 2 0 0.5 1

X (X1) FIG. 3 (figPlazma3.m)

We can suggest that the current of the specks of dust is such that
their average speed does not depend on the current direction. In
particular, the path covered by a speck of dust per a unit of time in a
circumferential direction and the path covered by it in a vertical direction
are equal with a fixed radius. Consequently, in this case with a fixed
radius we may assume that

Ap=Az. (40)

The dust trajectory in the above considered system is described by

the following formulas

co = cos( )((z)) 1)

s = sin( ;((z)) ) (42)

Thus, there is a point trajectory described by the formulas (40-42)

in such system on the rotation figure with a radius of r= y'(z). This
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trajectory is a helix. All the tensions and densities of currents do not
depend on the ¢ in this trajectory.

Based on this assumption, we can construct a movement trajectory
for specks of dust in accordance with the functions (1-3). Fig. 4 shows

the two helices described by the current functions j, () and j_(r): with
1, = ¥'(z) with 1, =0.54'(z), where the y'(z) is defined in Fig. 3.

Fig 4 A

(Plazma4.m)

5. The plasma crystal energy
Under certain magnetic strengths and current densities we can find
the plasma crystal energy. The magnetic field energy density

W, :%(Hf +H:+H?) 3)

The specks of dust kinetic energy density W, can be found in the
assumption that all the specks of dust have equal mass m. Then

W, =03+ T2+ ;) @
m

To determine the full crystal energy we need to integrate the (43,
44) by the volume of the crystal, which form is defined. Thus, with a
defined form of the crystal and assumed mathematical model we can find
all the characteristics of the crystal.
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General conclusions

“To date, whatsoever effect that would request a modification of
Maxwell’s equations escaped detection” [36]. Nevertheless, recently
criticism of validity of Maxwell equations is heard from all sides. This
criticism is based mainly on the fact that the known solution of Maxwell's
equations describing the electromagnetic wave, has the following two
properties:

¢ it does not satisfy the law of conservation of energy, because the
electromagnetic energy flux density pulsating harmonically,

e it prove phase synchronism of electrical and magnetic
components of intensities in an electromagnetic wave ; but this is
contrary to the idea of constant transformation of electrical and magnetic
components of energy in an electromagnetic wave.

These properties of known solutions are cleatly visible in Fig. 1.

Fig. 1.

Such results following from the known solution of Maxwell
equations allow doubting the authenticity of Maxwell equations.
However, we must stress that these results follow only from the found
solution. But this solution, as has been stated above, can be different (in
their partial derivatives, equations generally have several solutions).
Above shows another solution of Maxwell's equations. Electric and
magnetic intensities in Cartesian coordinates, obtained as a result of this
decision, are shown in Fig. 2.
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Fig. 2.

The resulting solution describes a wave. The main distinctions
from the known solution are as follows:
1. Instantaneous (and not average by certain period) energy
flow does not change with time, which complies with the
Law of energy conservation.

2. Magnetic and electrical intensities on one of the coordinate
axes phase-shifted by a quarter of period.

3. The vectors of electrical and magnetic intensities are
orthogonal.

4. The flow of electromagnetic energy propagates along a

wave (not only in vacuum but also in the wire).

In addition, consider an electromagnetic wave in wire. With an
assumed negligibly low voltage, Maxwell’s equations for this wave literally
coincide with those for the wave in vacuum. Yet, electrical engineering
eludes any known solution and employs the one that connects an
intensity of the circular magnetic field with the current in the wire (for
brevity, it will be referred to as “electrical engineering solution”). This
solution, too, satisfies the Maxwell’s equations. However, firstly, it is one
more solution of those equations (which invalidates the theorem of the
only solution known). Secondly, and the most important, electrical
engineering solution does not explain the famous experimental fact.
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The case in point is skin-effect. Solution to explain skin-effect
should contain a non-linear radius-to-displacement current (flowing
along the wire) dependence. According to Maxwell’s equations, such
dependence should fit with radial and circular electrical and magnetic
intensities that have non-linear dependence from the radius. Electrical
engineering solution offers none of these. Explanation of skin-effect
bases on the Maxwell’s equations, yet it does not follow from electrical
engineering solution. It allows the statement that electrical engineering
solution does not explain the famous experimental fact.

Now, refer to energy flux in wire. The existing idea of energy
transfer through the wires is that the energy in a certain way is spreading
outside the wire [13]. Such theory contradicts the Law of energy
conservation. Indeed, the energy flow, travelling in the space must lose
some part of the energy. But this fact was found neither experimentally,
nor theoretically. But, most important, this theory contradicts the
following experiment. Let us assume that through the central wire of
coaxial cable runs constant current. This wire is isolated from the
external energy flow. Then whence the energy flow compensating the
heat losses in the wire comes? With the exception of loss in wire, the flux
should penetrate into a load, e.g. winding of electrical motors covered
with steel shrouds of the stator. This matter is omitted in the discussions
of the existing theory.

The obtained solution of Maxwell's equations simulate a structure
of an electromagnetic wave, in which there is a flow of electromagnetic
energy propagating in and along the wire.

The resulting solution describes the electromagnetic wave

e in vacuum,
e in wire with alternating and constant current,
e in magnetic circuit of alternating current,
e in charging and charged capacitor — flat and spherical,
e in ball lightning,
e in the vicinity of solitary electrical charge.
The resulting solution allows us to explain
e twisted of light,
e single-wire transmission of energy,
e nature of the Farth's magnetism,
e nature of energy stored in a charged capacitor,
e nature of the energy stored in ball lightning, and some of its
properties,
e functioning Milroy engine.
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The solution obtained shows that path of the point, which moves
along a cylinder of given radius in such a manner, that each intensity
value varies harmonically with time, is described by a helix. This
statement is true for an electromagnetic wave in the wire, in any
environment, in vacuum - Fig. 4.

Fig. 4. oo (TokPotok33.m)

At each point, which moves along this helix, vectors of magnetic

and electric intensities:

° exist only in the plane which is perpendicular to the helix axis,

L.e. there only two projections of these vectors exist,

e  vary in a sinusoidal manner,

e  are shifted in phase by a quarter-period.
Resultant vectors:

e  rotate in these plane,

e  have constant moduli,

e  are orthogonal to each other.
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